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Abstract

Most COVID-19 vaccines require two doses, and current vaccine prioritization guide-
lines for COVID-19 vaccines assume full-dose vaccine deployment. However in the con-
text of limited vaccine supply and an expanding pandemic, policymakers are considering
single-dose vaccination as an alternative strategy. Using a mathematical model combined
with optimization algorithms, we determined the optimal allocation with one and two doses
of vaccine to minimize five metrics of disease burden under various degrees of viral trans-
mission. Under low transmission, we show that the optimal allocation of vaccine critically
depends on the level of single-dose efficacy (SDE). If the SDE is high, single-dose vacci-
nation is optimal, preventing up to 36% more deaths than a strategy prioritizing full-dose
vaccination for older adults first. With low or moderate SDE, mixed vaccination campaigns
with coverage of all older adults with one dose are optimal. However, with modest or high
transmission, vaccinating older adults first with two doses is best, preventing up to 41%
more deaths than a single-dose vaccination given across all populations. Further, we show
that maintaining social distancing interventions and speedy deployment are key for effective
vaccination campaigns. Our work suggests that it is imperative to determine the efficacy
and durability of single-dose vaccines, as mixed or single-dose vaccination campaigns may
have the potential to contain the pandemic much more quickly.
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Introduction

COVID-19 has killed over 1,900,000 people worldwide as of January 15, 2021 [1]. With several

vaccines proven highly efficacious (estimated at 94.1%, 95% and 62% for Moderna, Pfizer and

AstraZeneca, respectively) against COVID-19 disease [2, 3, 4], hopes are high that a return to

normal life can soon be possible. Twenty other vaccines are currently in phase 3 clinical trials

[5]. Most of these vaccines require two doses given at least three weeks apart [6]. Since a large

proportion of the global population needs to be vaccinated to reduce transmission and mortality,

vaccine supply shortage will be inevitable in the first few months of vaccine availability. Even

in high-income countries, which have secured the largest quantities of vaccine, supply will be

initially highly insufficient [7]. This situation could be far worse in low- and middle-income

countries (LMIC), where vaccine supplies might arrive at later times and in smaller quantities,

with limited vaccine supply for LMIC risking the public and economic health of those popula-

tions as well as that of the global population [8].

Most of the current vaccine prioritization schedules use two-dose deployments [9], but the

logistics of a two-dose vaccination campaign, which ensures a second dose for those who have

already received one dose, are challenging especially in the context of limited vaccine supply

and shelf-life [10]. In previous disease outbreaks, fractional dosing, where people receive less

than the recommended dosage of vaccine, has been successfully utilized as a way to stretch vac-

cine supply. A single-dose campaign of the killed oral cholera vaccine (which also requires two

doses) was deployed in a recent outbreak in Zambia, where the population was vaccinated with

one dose and, months later, high-risk individuals were offered a second dose [11]. In 2016, in

response to a yellow fever outbreak in Angola, Uganda and the Democratic Republic of Congo,

the WHO vaccinated people with one fifth of the recommended dosage of the yellow fever vac-

cine [12]. If sufficiently effective, single-dose COVID-19 vaccination is attractive for several
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reasons: it is easier to implement logistically, potentially less costly, and a larger proportion of

the population could be vaccinated in a fixed amount of time, thereby potentially reaching herd

immunity levels and allowing resumption of key community activities (e.g., reopening schools,

restaurants, gyms, etc.) more rapidly [13, 14, 15]. This may be especially true if vaccines

reduce not only COVID-19 disease but also reduce acquisition of SARS-CoV-2 infection and

the likelihood of onward transmission; these are open questions and data are still emerging on

the full spectrum of vaccine effects [16, 3]. However, the success of a COVID-19 single-dose

vaccination campaign depends on the protection acquired after one dose of vaccine. There is

an intrinsic trade-off with using single-dose vaccination campaigns to achieve more coverage in

exchange for a potentially lower level of protection. In this work, we addressed two questions

of public-health importance: 1. Who should be vaccinated first? and 2. How many doses should

individuals receive? Utilizing mathematical models combined with optimization algorithms,

we determined the optimal allocation of available vaccine doses under a variety of assumptions.

We minimized five metrics of infection and disease burden: cumulative infections, cumulative

symptomatic infections, cumulative deaths, and peak non-ICU and ICU hospitalizations. We

showed that mixed vaccination strategies in which some age groups receive one dose while oth-

ers receive two doses can achieve the greatest reduction in these metrics under fixed vaccine

quantities. Further, our results suggest that the optimal vaccination strategy depends on the rel-

ative efficacy of single- vs. full-dose vaccination; on the full spectrum of vaccine effects; on

the number of vaccine doses available; and on the speed of vaccine rollout and the intensity of

background transmission.

Results

We built upon our previous model of SARS-CoV-2 dynamics and vaccination [17]. Briefly, we

developed an age-structured mathematical model with the population of Washington state (7.6
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million people) and US demographics divided into 16 age-groups [18] (Fig. S1). To perform

the vaccine optimization, we collapsed the 16 age-groups into 5 vaccination age-groups: 0–

19, 20–49, 50–64, 65–74 and those 75 and older, aligned with vaccination groups currently

considered by the Centers for Disease Control and Prevention (CDC) [19]. We assumed that

at the beginning of our simulations, 10% of the population has been infected and is immune

[20] (alternative scenario: 20% see Sensitivity Analysis, SI). We assumed that asymptomatic

and symptomatic infections are equally infectious (alternative scenario: Sensitivity Analysis,

SI) and confer complete immunity upon recovery. Further, we assumed that both naturally-

acquired immunity and vaccine-induced immunity (one- and two-dose) are long-lasting, so that

there is no waning during the time period analyzed.

Because it is expected that vaccine supplies will ramp up considerably over the second half

of 2021 and into 2022, we focused on the first few months of vaccine availability and set 6

months for the duration of our simulations. We considered the distribution of enough vaccine

doses to cover from 10% to 50% of the population with a single dose. We simulated vaccination

campaigns delivering 150,000 (150K) vaccine doses per week, with a maximum of 50% of the

population vaccinated with a single dose of vaccine over a∼6-month period (our time horizon).

This matches current vaccination plans in the US [21]. An alternative scenario with 300K

vaccine doses per week was also explored. These are roughly twice and four times, respectively,

the vaccination rate experienced in the US during the 2009 H1N1 influenza pandemic [22].

We considered four levels of background SARS-CoV-2 transmission, resulting in an effec-

tive reproductive number (defined as the average number of secondary cases per infectious case

in a population made up of both susceptible and non-susceptible hosts) of Reff = 1.2, 1.4, (cur-

rently observed in WA state, [23]), 1.7 or 3 that was kept constant over time. We assumed

that front-line workers (e.g., healthcare workers, firefighters), who should be prioritized, have

already been vaccinated, and they are not explicitly modeled here. We evaluated five metrics
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of disease and healthcare burden: cumulative infections, cumulative symptomatic infections,

cumulative deaths, maximum number of non-ICU hospitalizations and maximum number of

ICU-hospitalizations. State goals for limiting hospital and ICU beds occupied by COVID-19

patients [24, 25] were used for result interpretation.

Ongoing phase 3 COVID-19 vaccine trials evaluate vaccine efficacy against laboratory-

confirmed COVID-19 disease, or the multiplicative reduction in per-exposure risk of disease

which we denote by VEDIS. We considered a leaky vaccine (that is, a vaccine that confers

partial protection to all vaccinated individuals) that can have three effects on vaccinated in-

dividuals [26]: reducing the probability of acquiring a SARS-CoV-2 infection (measured by

VESUS), reducing the probability of developing COVID-19 symptoms after infection (measured

by VESYMP), or reducing the infectiousness of vaccinated individuals upon infection (measured

by VEI, Fig. S2A).

Given the efficacy data on two-dose COVID-19 vaccines to date [2, 3, 4], we considered

a main scenario with VEDIS = 90%. Because many combinations of VESUS and VESYMP can

result in the same VEDIS (Fig. S2B), and in advance of definitive data on VESUS or VESYMP for

COVID-19 vaccines, we considered three different vaccine profiles that yield VEDIS = 90%: a

vaccine effect mediated by VESUS only, a vaccine effect mediated by VESYMP only, and a vaccine

effect that is a combination of VESUS and VESYMP (Fig. S2B, table S1). In the absence of data

on the vaccine effect on infectiousness, we took a conservative approach and assumed VEI = 0

(alternative scenario, VEI = 70%, Sensitivity Analysis, SM). Given the limited data to-date

regarding the efficacy of single-dose vaccination, we considered three “single-dose efficacy”

(SDE) scenarios, under our main scenario where two-dose VEDIS = 90%: low SDE, whereby

the single-dose vaccine confers low efficacy against COVID-19 disease (VEDIS1=18%); moder-

ate SDE with VEDIS1 = 45%; and high SDE with VEDIS1 = 72%; corresponding to 20, 50, and

80% of the 90% efficacy of the full two-dose regimen, respectively. The efficacy of single-dose
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vaccination against infection and symptoms were assumed to be reduced proportionally. All

vaccine effects were assumed to take effect immediately following the last vaccination and to

be constant over the time horizon of 6 months. For two dose vaccination, we explicitly mod-

eled vaccination campaigns with the first dose, followed by vaccination campaigns with the

second dose, so that individuals receiving two doses had the protection conferred by single dose

vaccination in the inter-vaccination period.

Throughout the text, we refer to vaccine coverage as the amount of vaccine available to

cover a percentage of the population with one dose of vaccine. For each vaccination scenario

and disease metric, we compared the optimal allocation strategy that minimized the respective

disease metric (as determined by our optimization routine) to two other strategies: a pro-rata

strategy in which one-dose vaccination is rolled out across all age groups proportional to their

size; and a high-risk strategy in which two-dose vaccination is rolled out to the oldest age group

first and then to younger age groups in decreasing order as vaccine availability permits (similar

to the current prioritization strategy in the US [27]). For example, with 20% coverage, under

the pro-rata strategy 20% of each group would receive a single dose of vaccine, and under the

high-risk strategy all people aged 75 and older and 32% of those aged 65 to 74 years would

receive two doses of vaccine (Fig. S3)A.

In the main scenario, we considered a vaccine mediated both by VESUS and VESYMP, so that

VEDIS = 90% after two doses with VESUS = 70% and VESYMP = 66%, a vaccination campaign

with 150K doses per week, and Reff = 1.4, focusing on minimizing COVID-19 deaths.

Single dose vaccination strategies are optimal if SDE is high. If a limited number of vac-

cine doses are available (≤ 20% coverage) then for all metrics considered, the optimal strategies

allocated vaccines to children and younger adults (who are the high-transmission groups in our

model), regardless of the efficacy of a single dose (Fig. 1A-F and Fig. S4).
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If SDE was low or moderate combined with low coverage, the optimal strategies allocated

two doses of vaccine to the high-transmission groups Fig. S3A and B), averting up to 45 and

25% more deaths compared to the high-risk and pro-rata strategies (low SDE, 20% coverage,

Fig. 2D and E). This is because at low coverage, the most effective strategy is to reduce the

transmission as much as possible, and this is achieved by prioritizing vaccination of the most

active groups (Fig. S3D and E). For higher coverage (30–50%), mixed allocation strategies

were optimal, vaccinating all age groups with two doses and additionally vaccinating older

adults with a single dose to boost their coverage (Fig. 1G, H, J, K, M and N). For example, with

50% coverage, 25, 20, 10, 10, and 28% of each age group was vaccinated with two doses, and

an additional 19, 32 and 47% of the 50–65, 65–75 and 75+ were vaccinated with a single dose

(Fig. 1M). Here, the optimal strategy averted up to 40% more deaths than the pro-rata strategy,

but performed similarly to the high-risk strategy (9% more deaths averted for 30% coverage

and moderate SDE, Fig. 2D and E).

In sharp contrast, if a single dose of vaccine was highly efficacious, then, for all metrics

considered, the optimal strategies involved vaccinating individuals with one dose of vaccine

almost exclusively (Fig. 1, Figs. 3 and S4 panels C, F and I). If the vaccine supply was limited

(up to 20% coverage), it was optimal to allocate a single dose of vaccine to the high-transmission

groups, averting up to 36 and 11% more deaths than the high-risk and pro-rata strategies (10%

coverage, Fig. 2F). For higher coverage (30-50% coverage) the pro-rata strategy was in fact

optimal (Fig. 4C), averting 13–26% more deaths than the high-risk strategy . If sufficient doses

of high SDE vaccine were available to ensure 50% coverage, this strategy significantly mitigated

the epidemic by preventing 78% of the expected COVID-19 deaths over 6 months (compared

with no vaccination, Fig. 4F).
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Different metrics have different optimal allocation strategies. Minimizing other metrics

of disease and healthcare burden produced different optimal allocation strategies. With low

coverage, regardless of the value of the SDE, the optimal allocation was similar across met-

rics with all vaccine doses was designated to the high-transmission groups (children and young

adults) (Fig. S4). With higher coverage and high SDE, it was best to allocate vaccine to high-

transmission groups to minimize transmission (cumulative infections and symptomatic infec-

tions, Fig. 3C and F), but it was best to allocate vaccine with a pro-rata strategy to minimize

severe disease outcomes (hospitalizations and deaths, Fig. 3I, L, O). Notably, with 50% cover-

age, the optimal and the high-risk strategies maintained the number of peak ICU hospitaliza-

tions below total capacity, but only the optimal strategy achieved the Washington state goal for

non-ICU peak hospitalizations (Fig. S5 and Fig. S6).

Rapid vaccination roll-out under sustained social distancing is key for successful vacci-

nation campaigns. We investigated the effect of SARS-CoV-2 transmission on optimal al-

location strategies. Under stringent social distancing interventions maintaining Reff =1.2, the

efficacy after a single dose determined the optimal allocation strategy. With low or moderate

SDE and low coverage, it was optimal to vaccinate high-transmission groups with two doses.

If SDE was low, the optimal strategy averted 34 and 35% more deaths than the high-risk and

pro-rata strategies respectively (10% coverage, Fig. 2A). With higher coverage, mixed strate-

gies were optimal, with adults aged 50–74 being vaccinated in a higher proportion with a single

dose (Fig. 5A, B, D, and E); with 50% coverage, the optimal strategy averted 12% and 40%

more deaths than high-risk and pro-rata strategies respectively (Fig. 2B). If the SDE was mod-

erate, the optimal strategy averted 35 and 18% more deaths than the high-risk and pro-rata

strategies at low coverage, but only averted an additional ∼12% more deaths than the other two

strategies at high coverage. In contrast, if the vaccine had high SDE, the pro-rata strategy was
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in fact optimal for all coverages, averting additional 40% deaths than the high-risk strategy at

low coverage and 18% at high coverage (Fig. 5C and F, Fig. 2C).

If viral transmission was moderate or high (Reff =1.7 or 3), then the high-risk strategy was

the optimal use of vaccine especially for scenarios with low and moderate SDE, where it averted

up to 41% more deaths than the pro-rata strategy (Reff =1.7, 40% coverage and low SDE, Fig. 5

and Fig. 2G, H, J, K). For high SDE, the optimal strategy was still to vaccinate the high-risk

groups first, but using mixed vaccination (with one and two doses). For example, with enough

vaccine to cover 50% of the population and a vaccine with a high SDE, it was optimal to cover

all adults aged 65 and over with two doses and those aged 50–64 with a single dose of vaccine

with the remaining vaccine supply (Fig. 5I and L). However, the gain from optimizing vaccine

allocation to improve high-risk strategy was relatively small at low coverage (10% more deaths

averted with 20% coverage), but averted up to 20% more deaths than the pro-rata strategy (10%

coverage, Reff =3). All strategies performed similarly for high coverage (Fig. 2I and L).

Regardless of the SDE, for all levels of viral transmission considered, the epidemic advanced

at a faster pace than the vaccination campaign, evidenced by the fact that the percentage of

deaths averted plateaued at 40% (Reff = 1.2) and 30% coverage (Reff = 1.4, 1,7 and Reff =3),

Fig. 2. Notably, in controlled epidemic settings (Reff = 1.2 and 1.4) the optimized strategies

allow for reaching the ceiling of the vaccination impact much faster with significantly fewer

vaccine doses.

The vaccine profile shapes the optimal allocation strategy. In this section we analyzed

how different vaccine profiles affected the optimal allocation strategies. With a vaccine effect

on COVID-19 disease mediated by a reduction in symptoms (high VESYMP), the optimal strate-

gies for minimizing deaths allocated two doses of vaccine to older adults (aged 65 and older)
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for direct protection (Fig. 6A-C). If the reduction in disease was mediated by both a reduction in

SARS-CoV-2 infection and in symptoms (high VESYMP and VESUS), or predominately by pre-

venting infection (VESUS), then mixed strategies allocating more vaccine doses to older adults

are optimal for a low or moderate SDE while the pro-rata strategy was optimal if the SDE was

high (Fig. 6D-I).

The vaccine efficacy profile had little effect on mortality prevented by the high-risk strategy

(regardless of the SDE) but a major effect on the pro-rata strategy impact: while this allocation

performed very poorly if the vaccine was mediated by VESYMP and low SDE, it was extremely

effective if the vaccine was mediated also by VESUS and had a high SDE (Fig. S7). A vaccine

preventing only symptomatic disease has the potential to prevent only up to 62% of deaths

over 6 months compared to 86% reduction in mortality if exclusively mediated by preventing

infection (Fig. S7C and I). Moderate protection against infection (VESUS) was important to all

vaccination strategies to ensure reduction in transmission but especially for the optimal strategy

(Fig. S8). A vaccine acting exclusively by reducing symptomaticity had no impact on the overall

transmission (maximum of 4% of cumulative infections averted, Fig. S8A-C) while a vaccine

that reduced SARS-CoV-2 acquisition could, if optimally allocated, avert 97% of cumulative

infections (Fig. S8I).

Sensitivity analysis

Results assuming asymptomatic infections are less infectious: Simulations assuming that

asymptomatic infections are 50% less infectious than symptomatic infections showed similar

results. The optimal allocation strategies in this scenario depended mostly on the SDE, notably:

i) the pro-rata strategy was optimal for high SDE and high coverage and ii) single-dose vacci-

nation of the high transmission groups was the optimal strategy with low coverage (Fig. S9). As

expected, if asymptomatic infections are less infectious, then a vaccine mediated exclusively by
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reducing symptomatic disease does have a significant impact in overall transmission, preventing

as much as 66% of total infections (50% coverage, high SDE, Fig. S10). Furthermore, under

this scenario, such a vaccine would avert slightly more deaths (a maximum of 67% averted

deaths vs 63% in the main scenario).

Results assuming 20% cumulative incidence at the start of vaccination: We repeated

the main analysis assuming 20% of the population has been infected and therefore immune at

the beginning of vaccination. Again, the results were consistent with the main scenario, with

optimal vaccination strategies favoring single-dose campaigns if the SDE is high (Fig. S11).

In this scenario, the epidemic grows very slowly even in the absence of vaccine with only the

exponential phase of the epidemic curve observed toward the end of the simulations. This is

because with 20% of the population already immune and the assumed reduction in contacts re-

sulted in an much lower Reff (Reff =1.2). As a result, the projected impacts of different strategies

are very similar to the ones presented above with Reff =1.2 with optimal strategy outperforming

the other strategies for low and moderate SDE and pro-rata strategy being optimal for high SDE

(Fig. S12).

Results assuming more rapid vaccine delivery: We next investigated the effect of vac-

cination rate in the optimal allocation strategies. Here, we assumed that vaccine was rolled

out at 300K doses per week (twice as fast as main scenario). At this rate, 100% of the pop-

ulation can be vaccinated with a single dose in the same time period. With low coverage, the

optimal strategy was identical to the one described in the main scenario. With high coverage,

the optimal strategy differed only for low and moderate SDE, by allocating even more vaccine

with two doses to the high-transmission groups (Fig. S13D, E). With enough vaccine to cover

50% of the population and administering 300K doses per week the optimal strategy averted
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17% more deaths compared to one distributing 150K doses per week (95% and 78% the deaths

averted compared with no vaccination, vaccinating at 300K and 150K doses per week respec-

tively, Figs. S13C and 4E). Furthermore, at this rate, the optimal strategy significantly mitigates

transmission even with low and moderate SDE, and temporary herd immunity is achieved if the

vaccine has a high SDE (Fig. S13G-I).

Results assuming vaccine efficacy in reducing infectiousness upon infection: We iden-

tified the optimal allocation strategies assuming that a vaccine, in addition to all the effects

previously described (VEDIS = 90% after two doses with VESUS = 70% and VESYMP = 66%)

also reduces infectiousness upon infection by 70% (VEI = 70%) after two doses. For low and

high SDE and for all coverage levels considered, the optimal strategies were very similar to

the ones previously described. For moderate SDE the optimal allocation suggested more single

dose vaccination of the high-transmission groups at low coverage, and mixed vaccination of all

age groups for high coverage, reducing the focus on older age groups (Fig. S14). As expected,

all vaccination strategies averted more deaths due to additional vaccine effects on infectious-

ness. With 50% coverage, the optimal strategies averted 10% more deaths compared to the

main scenario, regardless of the SDE (74, 80 and 88% deaths averted for low, moderate and

high SDE in this scenario vs. 64, 69 and 78% deaths averted for the main scenario , Figs. 4 and

S15 panels A-C).

Discussion

COVID-19 vaccination has begun in several countries, and more countries will start in the up-

coming months. As demand will far exceed supply in the initial months of vaccine deployment,

vaccine will need to be prioritized. Most of the current strategies consider vaccination with full

dosage (two doses), but some countries have proposed vaccinating twice as many people with
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a single dose (and delaying the second dose) [28]. An intense debate about how best to use the

available vaccine is ongoing [13, 29, 30]. Here, we show that there is no universal answer to

this question. Pairing a mathematical model parameterized using the evidence to-date on the

efficacy of COVID-19 vaccines with optimization algorithms, we explore the use of single-dose

campaigns and mixed vaccination campaigns, with some people receiving one dose and others

receiving two doses, and we find that the optimal use of resources depends primarily on the

level of single-dose efficacy, in agreement with [15]. If a single dose of vaccine is highly effica-

cious and introduced under stringent social distancing interventions with low viral transmission,

our results suggest that campaigns that optimally distribute a single vaccine dose to more peo-

ple are far more effective at averting deaths than a two-dose vaccination campaign prioritizing

subpopulations at high risk of COVID-19 severe disease and death. Previous work for other

infectious diseases [31, 32, 33] has reached similar conclusions. Furthermore, our results show

that vaccinating with a single-dose at a faster rate could result in temporary herd immunity, in

agreement with previous work [34]. As more vaccine becomes available, additional vaccination

campaigns will be needed to cover everyone with the full two doses of vaccine. However, in

places where SARS-CoV-2 transmission is moderate or high (Reff =1.7 or 3 in our model), a

two-dose campaign from the outset is optimal.

In addition, we show that optimal distribution of available vaccine doses across subpopu-

lations depends strongly on the level of transmission. If the ongoing transmission in the com-

munity is well controlled with stringent non-pharmaceutical interventions in place, the optimal

strategy allocated vaccine to the high-transmission groups, consistent with previous work [35].

If the transmission is moderate or high, it is optimal to directly protect those at higher risk of

severe disease and death, also in agreement with previous results [36, 17]. Our analysis reiter-

ates the absolute necessity of maintaining social distancing throughout vaccination [37, 38, 39]:

if social distancing interventions are lax before vaccination is advanced, or if vaccination is not
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rolled out fast enough, then the current epidemic wave will be over long before vaccination

campaigns are completed and the effect of vaccination will be limited.

While high vaccine efficacy against COVID-19 disease has been reported for the two li-

censed vaccines (Pfizer and Moderna), other effects of COVID-19 vaccines require further eval-

uation, including their effects on preventing SARS-CoV-2 infection and on infectiousness. To

account for these gaps in knowledge, we investigated the optimal vaccine allocation under three

possible vaccine profiles consistent with the observed vaccine efficacy against disease, and we

found that the optimal vaccination strategy depends on the profile. Our analysis showed that

a vaccine which mostly mitigates symptoms but does not reduce the risk of infection should

be prioritized to the oldest age groups at full dosage. In contrast, the optimal strategy for a

vaccine which provides at least moderate protection against infection includes more balanced

dose distribution across age groups with larger proportions assigned to one-dose vaccinations.

Similar to [39], we found that a vaccine that only prevents disease upon infection will have

limited population impact, whereas a vaccine preventing infection will both reduce population

transmission and subsequent morbidity and mortality. These results underscore the need for

thorough studies to evaluate all of the vaccine effects.

Beyond the impact on infection and disease burden, there are additional arguments for con-

sidering single-dose vaccination, including greater equity achieved in distributing a scarce com-

modity (vaccine) [13], reduced reactogenicity following the first versus the second dose of the

mRNA vaccines [16, 3], and the potential for greater population uptake and adherence to a

single-dose regimen. Policy-makers would ideally consider these issues in evaluating possible

vaccination strategies.

Here, we report the optimal use of resources as determined by mathematical optimization.

In practice, other factors (ethical, political, logistical, etc.) need to be considered when allocat-
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ing vaccine. We quantified the advantages and disadvantages of two policies that closely mimic

current guidelines—pro-rata vaccination and vaccination of groups at high risk of disease—

and identified when either of these coincides with our computed optimal allocation strategy, or

achieves similar public health impact. While optimal allocation strategies may be difficult to

implement, our results can be used to guide the development of mixed vaccination strategies,

where some subpopulations receive one dose and others receive two doses, thereby achieving a

balance between rapid coverage and full protection of those most at risk of severe disease and

death.

Our work has several limitations. Our model assumed that asymptomatic and symptomatic

infections confer equal protection, but asymptomatic infections could result in weaker protec-

tion [40]. We assumed that naturally and vaccine-induced immunity will be long-lasting, but

some studies suggest that it might last only a few months [41]. Ongoing phase 3 trials will

establish the durability of vaccine efficacy, with participants followed 1 to 2 years post-last vac-

cination. If immunity is short-lived, then our results are valid only for that time frame. We also

assumed that vaccinating previously infected individuals would have no effect on their immu-

nity. However, it is possible that previous infections might act as a first dose of vaccine and that

vaccinating those individuals might result in a boost of their immunity. We use age-stratified

hospitalization rates based on data from Wuhan, China [42] and mortality rates based on data

from France [43]. These rates strongly depend on comorbidities (e.g., heart disease, diabetes,

etc.) that are country-dependent. It is then important to determine country-based estimates of

these rates to adequately parameterize models. For mathematical and computational tractabil-

ity, we used a deterministic model that does not account for geographic movement or complex

contact patterns and age was our sole risk factor. In reality, we know that other factors, such as

occupation, have been linked to an increased risk of acquisition and severe disease [44, 45]. Be-
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cause of systemic social inequalities, several studies have shown that in certain countries people

from racial and minority groups are at increased risk of infection and death from COVID-19

[46]. Further, deterministic models can overestimate infection dynamics. While comparisons

with and without vaccination strategies would not be affected by this, is possible that our peak

hospitalizations are overestimated. We kept the effective reproductive number (and hence vi-

ral transmission) constant throughout the simulations. However, social distancing interventions

are being constantly changed and adapted to new challenges when transmission is high. We

included children in our analysis, but vaccines are not currently licensed for individuals under

16 years old. However, studies are currently undergoing for the AstraZeneca and Pfizer vac-

cines including children 12 years old and older [47] and studies in children for other vaccines

are being planned, so it is possible that one or more COVID-19 vaccines will be licensed in

children within the next 6 months. Finally, we have determined optimal allocation strategies in

the context of considerable uncertainty as to COVID-19 vaccine profiles and vaccine rollout;

once profile, vaccination rates and coverages for specific countries are known, we welcome val-

idation with more complex models.

There are reports of new and more transmissible SARS-CoV-2 variants originating from the

UK and South Africa that are spreading rapidly and circulating in several parts of the globe.

It is still unknown how efficacious currently available vaccines will be against these variants

[48, 49]. A potential concern with single-dose vaccination is that vaccinating large numbers of

people with a regimen with suboptimal efficacy may allow selection to drive the emergence of

new vaccine-resistant variants that can rise rapidly in frequency [50].

While limited data suggest that a single dose of the three COVID-19 vaccines with regula-

tory licensure or approval in the US and UK might confer high efficacy [2, 3, 51], the data are
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preliminary and the duration of protection is unknown. Other vaccines that require two doses,

such as the oral cholera vaccine, are highly effective after a single dose but the protection pro-

vided is short-lived compared to that provided by the full two-dose regimen [52]. If single-dose

immunity lasts for at least 6 months, our results show that single-dose vaccination campaigns,

which are much easier to implement, are the optimal use of resources in the short term, with

the goal to fully vaccinate the entire population in the long term. In the absence of phase 3 effi-

cacy data on single-dose vaccination, it will be crucial for vaccine safety systems to capture any

breakthrough infections that occur among individuals receiving vaccination under population

campaigns—especially those receiving a single dose; and for longitudinal immune responses

to be measured in clinical trial participants who received only one dose. Our work suggests

that it is an absolute imperative to quickly and fully determine the peak and duration of efficacy

of single-dose vaccinations, as these data are needed to support further investigation of mixed

vaccination campaigns which have great potential to more quickly contain the pandemic.
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Figure 1: Optimal vaccine allocation strategies for minimizing deaths for different vacci-
nation coverages. For each plot, the bars represent the percentage of each age group vaccinated
with a single dose (light blue) and two-doses (dark blue) when there is enough vaccine to cover
10% to 50% (as indicated by row) of the population with a single dose. The columns corre-
spond to assumptions that the single-dose efficacy (SDE) is low (left column, VEDIS1 = 18%),
moderate (center column, VEDIS1 = 45%) or high (right column, VEDIS1 = 72%), corresponding
20, 50 or 80% of the 90% efficacy that is assumed following two doses of vaccine, respectively.
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Figure 2: Percentage of deaths averted for different levels of SARS-CoV-2 transmission.
Percentage of deaths averted for the optimal allocation strategies (blue), the high-risk strategy
(pink) and the pro-rata strategy (green) with enough vaccine to cover 10-50% of the population
with one dose. Each row represents a different level of SARS-CoV-2 transmission resulting in
Reff = 1.2 (A-C), 1.4 (D-F), 1.7 (G-I) or 3 (J-L). The columns correspond to assumptions that
the single-dose efficacy (SDE) is low (left column, VEDIS1 = 18%), moderate (center column,
VEDIS1 = 45%) or high (right column, VEDIS1 = 72%), corresponding 20, 50 or 80% of the 90%
efficacy that is assumed following two doses of vaccine, respectively. Shaded areas represent
results of 1,000 parameter simulations with the top and bottom 2.5% removed.

25

 . CC-BY-NC-ND 4.0 International licenseIt is made available under a 
 is the author/funder, who has granted medRxiv a license to display the preprint in perpetuity. (which was not certified by peer review)

The copyright holder for this preprint this version posted January 16, 2021. ; https://doi.org/10.1101/2020.12.31.20249099doi: medRxiv preprint 

https://doi.org/10.1101/2020.12.31.20249099
http://creativecommons.org/licenses/by-nc-nd/4.0/


0 20 40 60 80 100
VEDIS efficacy

Low SDE

0 20 40 60 80 100
VEDIS efficacy

Moderate SDE

0 20 40 60 80 100
VEDIS efficacy

High SDE

0-19 20-49 50-64 65-74 75+
0

20

40

60

80

100

Pe
rc

en
ta

ge
 v

ac
ci

na
te

d 
in

 e
ac

h 
gr

ou
p

(T
ot

al
 in

fe
ct

io
ns

)
A

1 dose
2 doses

0-19 20-49 50-64 65-74 75+
0

20

40

60

80

100
B

0-19 20-49 50-64 65-74 75+
0

20

40

60

80

100
C

0-19 20-49 50-64 65-74 75+
0

20

40

60

80

100

Pe
rc

en
ta

ge
 v

ac
ci

na
te

d 
in

 e
ac

h 
gr

ou
p

(S
ym

pt
om

at
ic

 in
fe

ct
io

ns
)

D

0-19 20-49 50-64 65-74 75+
0

20

40

60

80

100
E

0-19 20-49 50-64 65-74 75+
0

20

40

60

80

100
F

0-19 20-49 50-64 65-74 75+
0

20

40

60

80

100

Pe
rc

en
ta

ge
 v

ac
ci

na
te

d 
in

 e
ac

h 
gr

ou
p

(P
ea

k 
ho

sp
)

G

0-19 20-49 50-64 65-74 75+
0

20

40

60

80

100
H

0-19 20-49 50-64 65-74 75+
0

20

40

60

80

100
I

0-19 20-49 50-64 65-74 75+
0

20

40

60

80

100

Pe
rc

en
ta

ge
 v

ac
ci

na
te

d 
in

 e
ac

h 
gr

ou
p

(I
CU

 p
ea

k 
ho

sp
)

J

0-19 20-49 50-64 65-74 75+
0

20

40

60

80

100
K

0-19 20-49 50-64 65-74 75+
0

20

40

60

80

100
L

0-19 20-49 50-64 65-74 75+
Age groups

0

20

40

60

80

100

Pe
rc

en
ta

ge
 v

ac
ci

na
te

d 
in

 e
ac

h 
gr

ou
p

(D
ea

th
s)

M

0-19 20-49 50-64 65-74 75+
Age groups

0

20

40

60

80

100
N

0-19 20-49 50-64 65-74 75+
Age groups

0

20

40

60

80

100
O

Figure 3: Optimal vaccine allocation strategies for different disease metrics with 50% cov-
erage. Optimal vaccine allocation for a vaccine with VEDIS = 90% and assuming enough
vaccine to cover 50% of the population with a single dose (25% with two doses). Each row rep-
resents a different disease metric minimized: cumulative infections (A-C), cumulative symp-
tomatic infections (D-F), non-ICU peak hospitalizations (G-I), ICU hospitalizations (J-L) and
total deaths (M-O). The columns correspond to assumptions that the single-dose efficacy (SDE)
is low (left column, VEDIS1 = 18%), moderate (center column, VEDIS1 = 45%) or high (right
column, VEDIS1 = 72%), corresponding 20, 50 or 80% of the 90% efficacy that is assumed
following two doses of vaccine, respectively.
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Figure 4: A-C: Optimal pro-rata and high-risk allocation strategies with 50% coverage.
Optimal (light and dark blue), high-risk (pink) and pro-rata (green) allocation strategies assum-
ing enough vaccine to cover 50% of the population with a single dose (25% with two doses).
Within each panel, the bars represent the percentage vaccinated in each vaccination group. D-E:
Prevalence of symptomatic infections. Prevalence of symptomatic infections (per 100,000) in
the absence of vaccine (black), with the optimal allocation strategy to minimize deaths (blue),
the high-risk strategy (pink) or the pro-rata strategy (green) with enough vaccine to cover 50%
of the population with a single dose (25% with two doses). The columns correspond to assump-
tions that the single-dose efficacy (SDE) is low (left column, VEDIS1 = 18%), moderate (center
column, VEDIS1 = 45%) or high (right column, VEDIS1 = 72%), corresponding 20, 50 or 80% of
the 90% efficacy that is assumed following two doses of vaccine, respectively.
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Figure 5: Optimal vaccine allocation for minimizing deaths for different levels of SARS-
CoV-2 transmission and 50% coverage. Optimal vaccine allocation for minimizing deaths
with a vaccine with VEDIS = 90% and assuming enough vaccine to cover 50% of the popu-
lation with one dose (or 25% with two doses). For each panel (A-L), the bars represent the
total percentage of the population in each vaccination group to be vaccinated, split in those re-
ceiving one dose (light blue) and those receiving two doses (dark blue). Each row represents a
different level of SARS-CoV-2 transmission resulting in an Reff =1.2 (A-C), 1.4 (D-F), 1.7 (G-I)
or 3 (J-L). The columns correspond to assumptions that the single-dose efficacy (SDE) is low
(left column, VEDIS1 = 18%), moderate (center column, VEDIS1 = 45%) or high (right column,
VEDIS1 = 72%), corresponding 20, 50 or 80% of the 90% efficacy that is assumed following two
doses of vaccine, respectively.
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Figure 6: Optimal vaccine allocation to minimize deaths for different vaccine profiles with
50% coverage. Optimal vaccine allocation for minimizing deaths for a vaccine with VEDIS =
90% and assuming enough vaccine to cover 50% of the population with a single dose (25% with
two doses). For each panel (A-I), the bars represent the total percentage of the population in
each vaccination group to be vaccinated, split in those receiving a single dose (light blue) and
those receiving two doses (dark blue). Each row represents a different breakdown of VEDIS =
90% as a function of VESUS and VESYMP. Top row (A-C): VEDIS is mediated by a reduction in
symptoms upon infection. Middle row (D-F): VEDIS is mediated by a combination of reduction
in susceptibility to infection and reduction of symptoms upon infection. Bottom row (G-I):
VEDIS is mediated by a reduction in susceptibility to infection. The columns correspond to
assumptions that the single-dose efficacy (SDE) is low (left column, VEDIS1 = 18%), moderate
(center column, VEDIS1 = 45%) or high (right column, VEDIS1 = 72%), corresponding 20, 50 or
80% of the 90% efficacy that is assumed following two doses of vaccine, respectively.
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RC

<latexit sha1_base64="lqJ8cEKN40aN4F6GTjh2a5B9PJA=">AAAB63icbVBNS8NAEJ3Urxq/qh69LBbBU0lEUG+VXjxWsR/QhrLZbtqlu5uwuxFK6F/w4kERr/4hb/4bN20O2vpg4PHeDDPzwoQzbTzv2ymtrW9sbpW33Z3dvf2DyuFRW8epIrRFYh6rbog15UzSlmGG026iKBYhp51w0sj9zhNVmsXy0UwTGgg8kixiBJtcemi47qBS9WreHGiV+AWpQoHmoPLVH8YkFVQawrHWPd9LTJBhZRjhdOb2U00TTCZ4RHuWSiyoDrL5rTN0ZpUhimJlSxo0V39PZFhoPRWh7RTYjPWyl4v/eb3URNdBxmSSGirJYlGUcmRilD+OhkxRYvjUEkwUs7ciMsYKE2PjyUPwl19eJe2Lmn9Zu7m/rNZvizjKcAKncA4+XEEd7qAJLSAwhmd4hTdHOC/Ou/OxaC05xcwx/IHz+QOkV41W</latexit>

RH

<latexit sha1_base64="dKBfePNOAafjNbZReL0ue0a+xhs=">AAAB63icbVBNS8NAEJ3Urxq/qh69LBbBU0lEUG8VLz1WsR/QhrLZbtqlu5uwuxFK6F/w4kERr/4hb/4bN20O2vpg4PHeDDPzwoQzbTzv2ymtrW9sbpW33Z3dvf2DyuFRW8epIrRFYh6rbog15UzSlmGG026iKBYhp51wcpf7nSeqNIvlo5kmNBB4JFnECDa59NBw3UGl6tW8OdAq8QtShQLNQeWrP4xJKqg0hGOte76XmCDDyjDC6cztp5ommEzwiPYslVhQHWTzW2fozCpDFMXKljRorv6eyLDQeipC2ymwGetlLxf/83qpia6DjMkkNVSSxaIo5cjEKH8cDZmixPCpJZgoZm9FZIwVJsbGk4fgL7+8StoXNf+ydnN/Wa3fFnGU4QRO4Rx8uII6NKAJLSAwhmd4hTdHOC/Ou/OxaC05xcwx/IHz+QOr9Y1b</latexit>

<latexit sha1_base64="273aMoi+WLmPxdM6RbRChiyKTyE=">AAAB73icbVDLSgNBEOyNrxhfUY9eBoPgKeyKoseAF48RzAOSJcxOJsmQmdl1plcIS37CiwdFvPo73vwbJ8keNLGgoajqprsrSqSw6PvfXmFtfWNzq7hd2tnd2z8oHx41bZwaxhsslrFpR9RyKTRvoEDJ24nhVEWSt6Lx7cxvPXFjRawfcJLwUNGhFgPBKDqpPWJdK4aK9soVv+rPQVZJkJMK5Kj3yl/dfsxSxTUySa3tBH6CYUYNCib5tNRNLU8oG9Mh7ziqqeI2zOb3TsmZU/pkEBtXGslc/T2RUWXtREWuU1Ec2WVvJv7ndVIc3ISZ0EmKXLPFokEqCcZk9jzpC8MZyokjlBnhbiVsRA1l6CIquRCC5ZdXSfOiGlxV/fvLSu0yj6MIJ3AK5xDANdTgDurQAAYSnuEV3rxH78V79z4WrQUvnzmGP/A+fwAcTY/4</latexit>

hc�

<latexit sha1_base64="uMFpon8qGGufGdQ8yJDts0sD8Js=">AAAB83icbVBNSwMxEJ2tX7V+VT16CRahHiy7paLHghePFewHdJeSTbNtaJJdkqxQlv4NLx4U8eqf8ea/MW33oK0PBh7vzTAzL0w408Z1v53CxubW9k5xt7S3f3B4VD4+6eg4VYS2Scxj1QuxppxJ2jbMcNpLFMUi5LQbTu7mfveJKs1i+WimCQ0EHkkWMYKNlfxx1bsil75mI4EH5YpbcxdA68TLSQVytAblL38Yk1RQaQjHWvc9NzFBhpVhhNNZyU81TTCZ4BHtWyqxoDrIFjfP0IVVhiiKlS1p0EL9PZFhofVUhLZTYDPWq95c/M/rpya6DTImk9RQSZaLopQjE6N5AGjIFCWGTy3BRDF7KyJjrDAxNqaSDcFbfXmddOo177rmPjQqzUYeRxHO4Byq4MENNOEeWtAGAgk8wyu8Oanz4rw7H8vWgpPPnMIfOJ8/wRaQzw==</latexit>

h(1 � c)�
<latexit sha1_base64="hR1iBQJ/aDNs81uCWojHAgUyFdk=">AAAB73icbVBNS8NAEJ3Ur1q/qh69LBbBU0mkoseClx4r2A9oQ5lsN+3S3STuboQS+ie8eFDEq3/Hm//GbZuDtj4YeLw3w8y8IBFcG9f9dgobm1vbO8Xd0t7+weFR+fikreNUUdaisYhVN0DNBI9Yy3AjWDdRDGUgWCeY3M39zhNTmsfRg5kmzJc4injIKRordfsjlBIHjUG54lbdBcg68XJSgRzNQfmrP4xpKllkqECte56bGD9DZTgVbFbqp5olSCc4Yj1LI5RM+9ni3hm5sMqQhLGyFRmyUH9PZCi1nsrAdko0Y73qzcX/vF5qwls/41GSGhbR5aIwFcTEZP48GXLFqBFTS5Aqbm8ldIwKqbERlWwI3urL66R9VfWuq+59rVKv5XEU4QzO4RI8uIE6NKAJLaAg4Ble4c15dF6cd+dj2Vpw8plT+APn8wfQLY/G</latexit>�H

<latexit sha1_base64="vgTa5FCjCkHGPovkchHDCS3hoGI=">AAAB73icbVBNS8NAEJ3Ur1q/qh69LBbBU0mkosdCLx4r2A9oQ5lsN+3S3STuboQS+ie8eFDEq3/Hm//GbZuDtj4YeLw3w8y8IBFcG9f9dgobm1vbO8Xd0t7+weFR+fikreNUUdaisYhVN0DNBI9Yy3AjWDdRDGUgWCeYNOZ+54kpzePowUwT5kscRTzkFI2Vuv0RSomDxqBccavuAmSdeDmpQI7moPzVH8Y0lSwyVKDWPc9NjJ+hMpwKNiv1U80SpBMcsZ6lEUqm/Wxx74xcWGVIwljZigxZqL8nMpRaT2VgOyWasV715uJ/Xi814a2f8ShJDYvoclGYCmJiMn+eDLli1IipJUgVt7cSOkaF1NiISjYEb/XlddK+qnrXVfe+VqnX8jiKcAbncAke3EAd7qAJLaAg4Ble4c15dF6cd+dj2Vpw8plT+APn8wfImY/B</latexit>�C

<latexit sha1_base64="TwPiXxrsSsAyBCYhviCQYDUlSGU=">AAAB73icbVBNS8NAEJ3Ur1q/qh69LBbBU0mkoseKF48V7Ae0oUy2m3bpbhJ3N0IJ/RNePCji1b/jzX/jts1BWx8MPN6bYWZekAiujet+O4W19Y3NreJ2aWd3b/+gfHjU0nGqKGvSWMSqE6BmgkesabgRrJMohjIQrB2Mb2d++4kpzePowUwS5kscRjzkFI2VOr0hSon9m3654lbdOcgq8XJSgRyNfvmrN4hpKllkqECtu56bGD9DZTgVbFrqpZolSMc4ZF1LI5RM+9n83ik5s8qAhLGyFRkyV39PZCi1nsjAdko0I73szcT/vG5qwms/41GSGhbRxaIwFcTEZPY8GXDFqBETS5Aqbm8ldIQKqbERlWwI3vLLq6R1UfUuq+59rVKv5XEU4QRO4Rw8uII63EEDmkBBwDO8wpvz6Lw4787HorXg5DPH8AfO5w/FkY+/</latexit>�A

<latexit sha1_base64="px6aeTMk5l2jFYbYI11X8dgGtyA=">AAAB73icbVDLSgMxFL1TX7W+qi7dBIvgqsyIosuCG5cV7APaodxJM21okhmTjFBKf8KNC0Xc+jvu/BvTdhbaeiBwOOdccu+JUsGN9f1vr7C2vrG5Vdwu7ezu7R+UD4+aJsk0ZQ2aiES3IzRMcMUallvB2qlmKCPBWtHodua3npg2PFEPdpyyUOJA8ZhTtE5qdwcoJfbqvXLFr/pzkFUS5KQCOVz+q9tPaCaZslSgMZ3AT204QW05FWxa6maGpUhHOGAdRxVKZsLJfN8pOXNKn8SJdk9ZMld/T0xQGjOWkUtKtEOz7M3E/7xOZuObcMJVmlmm6OKjOBPEJmR2POlzzagVY0eQau52JXSIGql1FZVcCcHyyaukeVENrqr+/WWldpnXUYQTOIVzCOAaanAHdWgABQHP8Apv3qP34r17H4towctnjuEPvM8f3E2Pzg==</latexit>�P

<latexit sha1_base64="ZFuHa15DyHfRlehSphaST+8VspY=">AAAB9HicbVBNSwMxEJ2tX7V+VT16CRahHiy7UtFjwYveKtgPaJeSTbNtaJJdk2yhLP0dXjwo4tUf481/Y9ruQVsfDDzem2FmXhBzpo3rfju5tfWNza38dmFnd2//oHh41NRRoghtkIhHqh1gTTmTtGGY4bQdK4pFwGkrGN3O/NaYKs0i+WgmMfUFHkgWMoKNlfyydzE87w6wELh33yuW3Io7B1olXkZKkKHeK351+xFJBJWGcKx1x3Nj46dYGUY4nRa6iaYxJiM8oB1LJRZU++n86Ck6s0ofhZGyJQ2aq78nUiy0nojAdgpshnrZm4n/eZ3EhDd+ymScGCrJYlGYcGQiNEsA9ZmixPCJJZgoZm9FZIgVJsbmVLAheMsvr5LmZcW7qrgP1VKtmsWRhxM4hTJ4cA01uIM6NIDAEzzDK7w5Y+fFeXc+Fq05J5s5hj9wPn8APDWREA==</latexit>

(1 � h)�I
<latexit sha1_base64="HCtCBlVQgZA3Hu332dkzo8TKrsU=">AAAB7nicbVDLSsNAFL2pr1pfVZduBovgqiRS0WXBjcsK9gFtKJPJTTt0MgkzE6GEfoQbF4q49Xvc+TdO2yy09cDA4ZxzmXtPkAqujet+O6WNza3tnfJuZW//4PCoenzS0UmmGLZZIhLVC6hGwSW2DTcCe6lCGgcCu8Hkbu53n1BpnshHM03Rj+lI8ogzaqzUHQgbDemwWnPr7gJknXgFqUGB1rD6NQgTlsUoDRNU677npsbPqTKcCZxVBpnGlLIJHWHfUklj1H6+WHdGLqwSkihR9klDFurviZzGWk/jwCZjasZ61ZuL/3n9zES3fs5lmhmUbPlRlAliEjK/nYRcITNiagllittdCRtTRZmxDVVsCd7qyeukc1X3ruvuQ6PWbBR1lOEMzuESPLiBJtxDC9rAYALP8ApvTuq8OO/OxzJacoqZU/gD5/MHOeGPcw==</latexit>

�

<latexit sha1_base64="273aMoi+WLmPxdM6RbRChiyKTyE=">AAAB73icbVDLSgNBEOyNrxhfUY9eBoPgKeyKoseAF48RzAOSJcxOJsmQmdl1plcIS37CiwdFvPo73vwbJ8keNLGgoajqprsrSqSw6PvfXmFtfWNzq7hd2tnd2z8oHx41bZwaxhsslrFpR9RyKTRvoEDJ24nhVEWSt6Lx7cxvPXFjRawfcJLwUNGhFgPBKDqpPWJdK4aK9soVv+rPQVZJkJMK5Kj3yl/dfsxSxTUySa3tBH6CYUYNCib5tNRNLU8oG9Mh7ziqqeI2zOb3TsmZU/pkEBtXGslc/T2RUWXtREWuU1Ec2WVvJv7ndVIc3ISZ0EmKXLPFokEqCcZk9jzpC8MZyokjlBnhbiVsRA1l6CIquRCC5ZdXSfOiGlxV/fvLSu0yj6MIJ3AK5xDANdTgDurQAAYSnuEV3rxH78V79z4WrQUvnzmGP/A+fwAcTY/4</latexit>

hc�

<latexit sha1_base64="uMFpon8qGGufGdQ8yJDts0sD8Js=">AAAB83icbVBNSwMxEJ2tX7V+VT16CRahHiy7paLHghePFewHdJeSTbNtaJJdkqxQlv4NLx4U8eqf8ea/MW33oK0PBh7vzTAzL0w408Z1v53CxubW9k5xt7S3f3B4VD4+6eg4VYS2Scxj1QuxppxJ2jbMcNpLFMUi5LQbTu7mfveJKs1i+WimCQ0EHkkWMYKNlfxx1bsil75mI4EH5YpbcxdA68TLSQVytAblL38Yk1RQaQjHWvc9NzFBhpVhhNNZyU81TTCZ4BHtWyqxoDrIFjfP0IVVhiiKlS1p0EL9PZFhofVUhLZTYDPWq95c/M/rpya6DTImk9RQSZaLopQjE6N5AGjIFCWGTy3BRDF7KyJjrDAxNqaSDcFbfXmddOo177rmPjQqzUYeRxHO4Byq4MENNOEeWtAGAgk8wyu8Oanz4rw7H8vWgpPPnMIfOJ8/wRaQzw==</latexit>

h(1 � c)�
<latexit sha1_base64="hR1iBQJ/aDNs81uCWojHAgUyFdk=">AAAB73icbVBNS8NAEJ3Ur1q/qh69LBbBU0mkoseClx4r2A9oQ5lsN+3S3STuboQS+ie8eFDEq3/Hm//GbZuDtj4YeLw3w8y8IBFcG9f9dgobm1vbO8Xd0t7+weFR+fikreNUUdaisYhVN0DNBI9Yy3AjWDdRDGUgWCeY3M39zhNTmsfRg5kmzJc4injIKRordfsjlBIHjUG54lbdBcg68XJSgRzNQfmrP4xpKllkqECte56bGD9DZTgVbFbqp5olSCc4Yj1LI5RM+9ni3hm5sMqQhLGyFRmyUH9PZCi1nsrAdko0Y73qzcX/vF5qwls/41GSGhbR5aIwFcTEZP48GXLFqBFTS5Aqbm8ldIwKqbERlWwI3urL66R9VfWuq+59rVKv5XEU4QzO4RI8uIE6NKAJLaAg4Ble4c15dF6cd+dj2Vpw8plT+APn8wfQLY/G</latexit>�H

<latexit sha1_base64="vgTa5FCjCkHGPovkchHDCS3hoGI=">AAAB73icbVBNS8NAEJ3Ur1q/qh69LBbBU0mkosdCLx4r2A9oQ5lsN+3S3STuboQS+ie8eFDEq3/Hm//GbZuDtj4YeLw3w8y8IBFcG9f9dgobm1vbO8Xd0t7+weFR+fikreNUUdaisYhVN0DNBI9Yy3AjWDdRDGUgWCeYNOZ+54kpzePowUwT5kscRTzkFI2Vuv0RSomDxqBccavuAmSdeDmpQI7moPzVH8Y0lSwyVKDWPc9NjJ+hMpwKNiv1U80SpBMcsZ6lEUqm/Wxx74xcWGVIwljZigxZqL8nMpRaT2VgOyWasV715uJ/Xi814a2f8ShJDYvoclGYCmJiMn+eDLli1IipJUgVt7cSOkaF1NiISjYEb/XlddK+qnrXVfe+VqnX8jiKcAbncAke3EAd7qAJLaAg4Ble4c15dF6cd+dj2Vpw8plT+APn8wfImY/B</latexit>�C

<latexit sha1_base64="TwPiXxrsSsAyBCYhviCQYDUlSGU=">AAAB73icbVBNS8NAEJ3Ur1q/qh69LBbBU0mkoseKF48V7Ae0oUy2m3bpbhJ3N0IJ/RNePCji1b/jzX/jts1BWx8MPN6bYWZekAiujet+O4W19Y3NreJ2aWd3b/+gfHjU0nGqKGvSWMSqE6BmgkesabgRrJMohjIQrB2Mb2d++4kpzePowUwS5kscRjzkFI2VOr0hSon9m3654lbdOcgq8XJSgRyNfvmrN4hpKllkqECtu56bGD9DZTgVbFrqpZolSMc4ZF1LI5RM+9n83ik5s8qAhLGyFRkyV39PZCi1nsjAdko0I73szcT/vG5qwms/41GSGhbRxaIwFcTEZPY8GXDFqBETS5Aqbm8ldIQKqbERlWwI3vLLq6R1UfUuq+59rVKv5XEU4QRO4Rw8uII63EEDmkBBwDO8wpvz6Lw4787HorXg5DPH8AfO5w/FkY+/</latexit>�A

<latexit sha1_base64="px6aeTMk5l2jFYbYI11X8dgGtyA=">AAAB73icbVDLSgMxFL1TX7W+qi7dBIvgqsyIosuCG5cV7APaodxJM21okhmTjFBKf8KNC0Xc+jvu/BvTdhbaeiBwOOdccu+JUsGN9f1vr7C2vrG5Vdwu7ezu7R+UD4+aJsk0ZQ2aiES3IzRMcMUallvB2qlmKCPBWtHodua3npg2PFEPdpyyUOJA8ZhTtE5qdwcoJfbqvXLFr/pzkFUS5KQCOVz+q9tPaCaZslSgMZ3AT204QW05FWxa6maGpUhHOGAdRxVKZsLJfN8pOXNKn8SJdk9ZMld/T0xQGjOWkUtKtEOz7M3E/7xOZuObcMJVmlmm6OKjOBPEJmR2POlzzagVY0eQau52JXSIGql1FZVcCcHyyaukeVENrqr+/WWldpnXUYQTOIVzCOAaanAHdWgABQHP8Apv3qP34r17H4towctnjuEPvM8f3E2Pzg==</latexit>�P

<latexit sha1_base64="ZFuHa15DyHfRlehSphaST+8VspY=">AAAB9HicbVBNSwMxEJ2tX7V+VT16CRahHiy7UtFjwYveKtgPaJeSTbNtaJJdk2yhLP0dXjwo4tUf481/Y9ruQVsfDDzem2FmXhBzpo3rfju5tfWNza38dmFnd2//oHh41NRRoghtkIhHqh1gTTmTtGGY4bQdK4pFwGkrGN3O/NaYKs0i+WgmMfUFHkgWMoKNlfyydzE87w6wELh33yuW3Io7B1olXkZKkKHeK351+xFJBJWGcKx1x3Nj46dYGUY4nRa6iaYxJiM8oB1LJRZU++n86Ck6s0ofhZGyJQ2aq78nUiy0nojAdgpshnrZm4n/eZ3EhDd+ymScGCrJYlGYcGQiNEsA9ZmixPCJJZgoZm9FZIgVJsbmVLAheMsvr5LmZcW7qrgP1VKtmsWRhxM4hTJ4cA01uIM6NIDAEzzDK7w5Y+fFeXc+Fq05J5s5hj9wPn8APDWREA==</latexit>

(1 � h)�I

<latexit sha1_base64="273aMoi+WLmPxdM6RbRChiyKTyE=">AAAB73icbVDLSgNBEOyNrxhfUY9eBoPgKeyKoseAF48RzAOSJcxOJsmQmdl1plcIS37CiwdFvPo73vwbJ8keNLGgoajqprsrSqSw6PvfXmFtfWNzq7hd2tnd2z8oHx41bZwaxhsslrFpR9RyKTRvoEDJ24nhVEWSt6Lx7cxvPXFjRawfcJLwUNGhFgPBKDqpPWJdK4aK9soVv+rPQVZJkJMK5Kj3yl/dfsxSxTUySa3tBH6CYUYNCib5tNRNLU8oG9Mh7ziqqeI2zOb3TsmZU/pkEBtXGslc/T2RUWXtREWuU1Ec2WVvJv7ndVIc3ISZ0EmKXLPFokEqCcZk9jzpC8MZyokjlBnhbiVsRA1l6CIquRCC5ZdXSfOiGlxV/fvLSu0yj6MIJ3AK5xDANdTgDurQAAYSnuEV3rxH78V79z4WrQUvnzmGP/A+fwAcTY/4</latexit>

hc�

<latexit sha1_base64="uMFpon8qGGufGdQ8yJDts0sD8Js=">AAAB83icbVBNSwMxEJ2tX7V+VT16CRahHiy7paLHghePFewHdJeSTbNtaJJdkqxQlv4NLx4U8eqf8ea/MW33oK0PBh7vzTAzL0w408Z1v53CxubW9k5xt7S3f3B4VD4+6eg4VYS2Scxj1QuxppxJ2jbMcNpLFMUi5LQbTu7mfveJKs1i+WimCQ0EHkkWMYKNlfxx1bsil75mI4EH5YpbcxdA68TLSQVytAblL38Yk1RQaQjHWvc9NzFBhpVhhNNZyU81TTCZ4BHtWyqxoDrIFjfP0IVVhiiKlS1p0EL9PZFhofVUhLZTYDPWq95c/M/rpya6DTImk9RQSZaLopQjE6N5AGjIFCWGTy3BRDF7KyJjrDAxNqaSDcFbfXmddOo177rmPjQqzUYeRxHO4Byq4MENNOEeWtAGAgk8wyu8Oanz4rw7H8vWgpPPnMIfOJ8/wRaQzw==</latexit>

h(1 � c)�
<latexit sha1_base64="hR1iBQJ/aDNs81uCWojHAgUyFdk=">AAAB73icbVBNS8NAEJ3Ur1q/qh69LBbBU0mkoseClx4r2A9oQ5lsN+3S3STuboQS+ie8eFDEq3/Hm//GbZuDtj4YeLw3w8y8IBFcG9f9dgobm1vbO8Xd0t7+weFR+fikreNUUdaisYhVN0DNBI9Yy3AjWDdRDGUgWCeY3M39zhNTmsfRg5kmzJc4injIKRordfsjlBIHjUG54lbdBcg68XJSgRzNQfmrP4xpKllkqECte56bGD9DZTgVbFbqp5olSCc4Yj1LI5RM+9ni3hm5sMqQhLGyFRmyUH9PZCi1nsrAdko0Y73qzcX/vF5qwls/41GSGhbR5aIwFcTEZP48GXLFqBFTS5Aqbm8ldIwKqbERlWwI3urL66R9VfWuq+59rVKv5XEU4QzO4RI8uIE6NKAJLaAg4Ble4c15dF6cd+dj2Vpw8plT+APn8wfQLY/G</latexit>�H

<latexit sha1_base64="vgTa5FCjCkHGPovkchHDCS3hoGI=">AAAB73icbVBNS8NAEJ3Ur1q/qh69LBbBU0mkosdCLx4r2A9oQ5lsN+3S3STuboQS+ie8eFDEq3/Hm//GbZuDtj4YeLw3w8y8IBFcG9f9dgobm1vbO8Xd0t7+weFR+fikreNUUdaisYhVN0DNBI9Yy3AjWDdRDGUgWCeYNOZ+54kpzePowUwT5kscRTzkFI2Vuv0RSomDxqBccavuAmSdeDmpQI7moPzVH8Y0lSwyVKDWPc9NjJ+hMpwKNiv1U80SpBMcsZ6lEUqm/Wxx74xcWGVIwljZigxZqL8nMpRaT2VgOyWasV715uJ/Xi814a2f8ShJDYvoclGYCmJiMn+eDLli1IipJUgVt7cSOkaF1NiISjYEb/XlddK+qnrXVfe+VqnX8jiKcAbncAke3EAd7qAJLaAg4Ble4c15dF6cd+dj2Vpw8plT+APn8wfImY/B</latexit>�C

<latexit sha1_base64="TwPiXxrsSsAyBCYhviCQYDUlSGU=">AAAB73icbVBNS8NAEJ3Ur1q/qh69LBbBU0mkoseKF48V7Ae0oUy2m3bpbhJ3N0IJ/RNePCji1b/jzX/jts1BWx8MPN6bYWZekAiujet+O4W19Y3NreJ2aWd3b/+gfHjU0nGqKGvSWMSqE6BmgkesabgRrJMohjIQrB2Mb2d++4kpzePowUwS5kscRjzkFI2VOr0hSon9m3654lbdOcgq8XJSgRyNfvmrN4hpKllkqECtu56bGD9DZTgVbFrqpZolSMc4ZF1LI5RM+9n83ik5s8qAhLGyFRkyV39PZCi1nsjAdko0I73szcT/vG5qwms/41GSGhbRxaIwFcTEZPY8GXDFqBETS5Aqbm8ldIQKqbERlWwI3vLLq6R1UfUuq+59rVKv5XEU4QRO4Rw8uII63EEDmkBBwDO8wpvz6Lw4787HorXg5DPH8AfO5w/FkY+/</latexit>�A

<latexit sha1_base64="px6aeTMk5l2jFYbYI11X8dgGtyA=">AAAB73icbVDLSgMxFL1TX7W+qi7dBIvgqsyIosuCG5cV7APaodxJM21okhmTjFBKf8KNC0Xc+jvu/BvTdhbaeiBwOOdccu+JUsGN9f1vr7C2vrG5Vdwu7ezu7R+UD4+aJsk0ZQ2aiES3IzRMcMUallvB2qlmKCPBWtHodua3npg2PFEPdpyyUOJA8ZhTtE5qdwcoJfbqvXLFr/pzkFUS5KQCOVz+q9tPaCaZslSgMZ3AT204QW05FWxa6maGpUhHOGAdRxVKZsLJfN8pOXNKn8SJdk9ZMld/T0xQGjOWkUtKtEOz7M3E/7xOZuObcMJVmlmm6OKjOBPEJmR2POlzzagVY0eQau52JXSIGql1FZVcCcHyyaukeVENrqr+/WWldpnXUYQTOIVzCOAaanAHdWgABQHP8Apv3qP34r17H4towctnjuEPvM8f3E2Pzg==</latexit>�P

<latexit sha1_base64="ZFuHa15DyHfRlehSphaST+8VspY=">AAAB9HicbVBNSwMxEJ2tX7V+VT16CRahHiy7UtFjwYveKtgPaJeSTbNtaJJdk2yhLP0dXjwo4tUf481/Y9ruQVsfDDzem2FmXhBzpo3rfju5tfWNza38dmFnd2//oHh41NRRoghtkIhHqh1gTTmTtGGY4bQdK4pFwGkrGN3O/NaYKs0i+WgmMfUFHkgWMoKNlfyydzE87w6wELh33yuW3Io7B1olXkZKkKHeK351+xFJBJWGcKx1x3Nj46dYGUY4nRa6iaYxJiM8oB1LJRZU++n86Ck6s0ofhZGyJQ2aq78nUiy0nojAdgpshnrZm4n/eZ3EhDd+ymScGCrJYlGYcGQiNEsA9ZmixPCJJZgoZm9FZIgVJsbmVLAheMsvr5LmZcW7qrgP1VKtmsWRhxM4hTJ4cA01uIM6NIDAEzzDK7w5Y+fFeXc+Fq05J5s5hj9wPn8APDWREA==</latexit>

(1 � h)�I

<latexit sha1_base64="1kgS4D1Pn1LymF1LRpCzzSA6Cww=">AAAB6nicbVBNS8NAEJ3Ur1q/qh69LBbBU0nEoseCF4+V2g9oQ9lsJ+3SzSbsboQS+hO8eFDEq7/Im//GbZuDtj4YeLw3w8y8IBFcG9f9dgobm1vbO8Xd0t7+weFR+fikreNUMWyxWMSqG1CNgktsGW4EdhOFNAoEdoLJ3dzvPKHSPJaPZpqgH9GR5CFn1Fip2Rx4g3LFrboLkHXi5aQCORqD8ld/GLM0QmmYoFr3PDcxfkaV4UzgrNRPNSaUTegIe5ZKGqH2s8WpM3JhlSEJY2VLGrJQf09kNNJ6GgW2M6JmrFe9ufif10tNeOtnXCapQcmWi8JUEBOT+d9kyBUyI6aWUKa4vZWwMVWUGZtOyYbgrb68TtpXVa9WdR+uK3U3j6MIZ3AOl+DBDdThHhrQAgYjeIZXeHOE8+K8Ox/L1oKTz5zCHzifP88rjW0=</latexit>

S1

<latexit sha1_base64="Aj8GM1YprP0v7tarRmcoJM23Urg=">AAAB6nicbVBNS8NAEJ3Ur1q/qh69LBbBU0mKoseCF4+V2g9oQ9lsJ+3SzSbsboQS+hO8eFDEq7/Im//GbZuDtj4YeLw3w8y8IBFcG9f9dgobm1vbO8Xd0t7+weFR+fikreNUMWyxWMSqG1CNgktsGW4EdhOFNAoEdoLJ3dzvPKHSPJaPZpqgH9GR5CFn1Fip2RzUBuWKW3UXIOvEy0kFcjQG5a/+MGZphNIwQbXueW5i/Iwqw5nAWamfakwom9AR9iyVNELtZ4tTZ+TCKkMSxsqWNGSh/p7IaKT1NApsZ0TNWK96c/E/r5ea8NbPuExSg5ItF4WpICYm87/JkCtkRkwtoUxxeythY6ooMzadkg3BW315nbRrVe+66j5cVepuHkcRzuAcLsGDG6jDPTSgBQxG8Ayv8OYI58V5dz6WrQUnnzmFP3A+fwDQr41u</latexit>

S2

<latexit sha1_base64="6O9RQ4sE5mf/VwFXNpKDRIBHFT8=">AAAB6nicbVBNS8NAEJ3Ur1q/qh69LBbBU0mKoseCCB4r2g9oQ9lsJ+3SzSbsboQS+hO8eFDEq7/Im//GbZuDtj4YeLw3w8y8IBFcG9f9dgpr6xubW8Xt0s7u3v5B+fCopeNUMWyyWMSqE1CNgktsGm4EdhKFNAoEtoPxzcxvP6HSPJaPZpKgH9Gh5CFn1Fjp4bZf65crbtWdg6wSLycVyNHol796g5ilEUrDBNW667mJ8TOqDGcCp6VeqjGhbEyH2LVU0gi1n81PnZIzqwxIGCtb0pC5+nsio5HWkyiwnRE1I73szcT/vG5qwms/4zJJDUq2WBSmgpiYzP4mA66QGTGxhDLF7a2EjaiizNh0SjYEb/nlVdKqVb3Lqnt/Uam7eRxFOIFTOAcPrqAOd9CAJjAYwjO8wpsjnBfn3flYtBacfOYY/sD5/AG7W41g</latexit>

E2

<latexit sha1_base64="Ytvrydz1v5iwwrtSTVNuMd7iCsI=">AAAB6nicbVBNS8NAEJ3Ur1q/qh69LBbBU0mKRY8FLx4r2g9oQ9lsN+3SzSbsToQS+hO8eFDEq7/Im//GbZuDtj4YeLw3w8y8IJHCoOt+O4WNza3tneJuaW//4PCofHzSNnGqGW+xWMa6G1DDpVC8hQIl7yaa0yiQvBNMbud+54lrI2L1iNOE+xEdKREKRtFKD81BbVCuuFV3AbJOvJxUIEdzUP7qD2OWRlwhk9SYnucm6GdUo2CSz0r91PCEsgkd8Z6likbc+Nni1Bm5sMqQhLG2pZAs1N8TGY2MmUaB7Ywojs2qNxf/83ophjd+JlSSIldsuShMJcGYzP8mQ6E5Qzm1hDIt7K2EjammDG06JRuCt/ryOmnXql696t5fVRpuHkcRzuAcLsGDa2jAHTShBQxG8Ayv8OZI58V5dz6WrQUnnzmFP3A+fwDMHY1r</latexit>

P2
<latexit sha1_base64="b/X0D1whV3OGcsSwLW+q7g7mlu8=">AAAB6nicbVBNS8NAEJ3Ur1q/qh69LBbBU0mKoseCF71VtB/QhrLZTtqlm03Y3Qgl9Cd48aCIV3+RN/+N2zYHbX0w8Hhvhpl5QSK4Nq777RTW1jc2t4rbpZ3dvf2D8uFRS8epYthksYhVJ6AaBZfYNNwI7CQKaRQIbAfjm5nffkKleSwfzSRBP6JDyUPOqLHSw12/1i9X3Ko7B1klXk4qkKPRL3/1BjFLI5SGCap113MT42dUGc4ETku9VGNC2ZgOsWuppBFqP5ufOiVnVhmQMFa2pCFz9fdERiOtJ1FgOyNqRnrZm4n/ed3UhNd+xmWSGpRssShMBTExmf1NBlwhM2JiCWWK21sJG1FFmbHplGwI3vLLq6RVq3qXVff+olJ38ziKcAKncA4eXEEdbqEBTWAwhGd4hTdHOC/Ou/OxaC04+cwx/IHz+QPBc41k</latexit>

I2
<latexit sha1_base64="+ek7M5dXjqG4GJo5Xygg4rw87hM=">AAAB6nicbVBNS8NAEJ3Ur1q/qh69LBbBU0mKoseClx4r2g9oQ9lsJ+3SzSbsboQS+hO8eFDEq7/Im//GbZuDtj4YeLw3w8y8IBFcG9f9dgobm1vbO8Xd0t7+weFR+fikreNUMWyxWMSqG1CNgktsGW4EdhOFNAoEdoLJ3dzvPKHSPJaPZpqgH9GR5CFn1FjpoTGoDcoVt+ouQNaJl5MK5GgOyl/9YczSCKVhgmrd89zE+BlVhjOBs1I/1ZhQNqEj7FkqaYTazxanzsiFVYYkjJUtachC/T2R0UjraRTYzoiasV715uJ/Xi814a2fcZmkBiVbLgpTQUxM5n+TIVfIjJhaQpni9lbCxlRRZmw6JRuCt/ryOmnXqt511b2/qtTdPI4inME5XIIHN1CHBjShBQxG8Ayv8OYI58V5dz6WrQUnnzmFP3A+fwC/7Y1j</latexit>

H2

<latexit sha1_base64="urfJWgsCU1MGxEx173gtQs4bw9k=">AAAB6nicbVBNS8NAEJ3Ur1q/qh69LBbBU0mKoseKF48V7Qe0oWy2k3bpZhN2N0IJ/QlePCji1V/kzX/jts1BWx8MPN6bYWZekAiujet+O4W19Y3NreJ2aWd3b/+gfHjU0nGqGDZZLGLVCahGwSU2DTcCO4lCGgUC28H4dua3n1BpHstHM0nQj+hQ8pAzaqz0cNOv9csVt+rOQVaJl5MK5Gj0y1+9QczSCKVhgmrd9dzE+BlVhjOB01Iv1ZhQNqZD7FoqaYTaz+anTsmZVQYkjJUtachc/T2R0UjrSRTYzoiakV72ZuJ/Xjc14bWfcZmkBiVbLApTQUxMZn+TAVfIjJhYQpni9lbCRlRRZmw6JRuCt/zyKmnVqt5l1b2/qNTdPI4inMApnIMHV1CHO2hAExgM4Rle4c0Rzovz7nwsWgtOPnMMf+B8/gC1Q41c</latexit>

A2

<latexit sha1_base64="bOl0PkpxFOIlHxA3u2yciQk5cQU=">AAAB7HicbVBNS8NAEJ3Ur1q/qh69LBbBU0mKosdCL3qrYNpCG8pmu2mXbjZhdyKU0t/gxYMiXv1B3vw3btsctPXBwOO9GWbmhakUBl332ylsbG5t7xR3S3v7B4dH5eOTlkkyzbjPEpnoTkgNl0JxHwVK3kk1p3EoeTscN+Z++4lrIxL1iJOUBzEdKhEJRtFK/n3D79f65YpbdRcg68TLSQVyNPvlr94gYVnMFTJJjel6borBlGoUTPJZqZcZnlI2pkPetVTRmJtgujh2Ri6sMiBRom0pJAv198SUxsZM4tB2xhRHZtWbi/953Qyj22AqVJohV2y5KMokwYTMPycDoTlDObGEMi3srYSNqKYMbT4lG4K3+vI6adWq3nXVfbiq1N08jiKcwTlcggc3UIc7aIIPDAQ8wyu8Ocp5cd6dj2VrwclnTuEPnM8f87mOEA==</latexit>

ICU2

<latexit sha1_base64="jCFVCdFvqhszN7VjblTCLWRnENQ=">AAAB6nicbVDLSgNBEOyNrxhfUY9eBoPgKewGRY8BLx7jIw9IljA7mU2GzM4uM71CWPIJXjwo4tUv8ubfOEn2oIkFDUVVN91dQSKFQdf9dgpr6xubW8Xt0s7u3v5B+fCoZeJUM95ksYx1J6CGS6F4EwVK3kk0p1EgeTsY38z89hPXRsTqEScJ9yM6VCIUjKKVHu77tX654lbdOcgq8XJSgRyNfvmrN4hZGnGFTFJjup6boJ9RjYJJPi31UsMTysZ0yLuWKhpx42fzU6fkzCoDEsbalkIyV39PZDQyZhIFtjOiODLL3kz8z+umGF77mVBJilyxxaIwlQRjMvubDITmDOXEEsq0sLcSNqKaMrTplGwI3vLLq6RVq3qXVffuolJ38ziKcAKncA4eXEEdbqEBTWAwhGd4hTdHOi/Ou/OxaC04+cwx/IHz+QPPKY1t</latexit>

R2

<latexit sha1_base64="5Mn+SKv21UkdCHn6PETVkqJS29c=">AAAB63icbVBNS8NAEJ3Ur1q/qh69LBbBU0mKoseKF49V7Ae0oWy2m3bp7ibsboQS+he8eFDEq3/Im//GTZqDtj4YeLw3w8y8IOZMG9f9dkpr6xubW+Xtys7u3v5B9fCoo6NEEdomEY9UL8CaciZp2zDDaS9WFIuA024wvc387hNVmkXy0cxi6gs8lixkBJtMergZNobVmlt3c6BV4hWkBgVaw+rXYBSRRFBpCMda9z03Nn6KlWGE03llkGgaYzLFY9q3VGJBtZ/mt87RmVVGKIyULWlQrv6eSLHQeiYC2ymwmehlLxP/8/qJCa/9lMk4MVSSxaIw4chEKHscjZiixPCZJZgoZm9FZIIVJsbGU7EheMsvr5JOo+5d1t37i1rTLeIowwmcwjl4cAVNuIMWtIHABJ7hFd4c4bw4787HorXkFDPH8AfO5w9XeI24</latexit>

RA2

<latexit sha1_base64="QvIrRH9347atOKydnEAzBHzK8qA=">AAAB63icbVBNS8NAEJ3Ur1q/qh69LBbBU0mKoseClx6r2A9oQ9lsN+3S3U3Y3Qgl9C948aCIV/+QN/+NmzQHbX0w8Hhvhpl5QcyZNq777ZQ2Nre2d8q7lb39g8Oj6vFJV0eJIrRDIh6pfoA15UzSjmGG036sKBYBp71gdpf5vSeqNIvko5nH1Bd4IlnICDaZ9NAaNUbVmlt3c6B14hWkBgXao+rXcByRRFBpCMdaDzw3Nn6KlWGE00VlmGgaYzLDEzqwVGJBtZ/mty7QhVXGKIyULWlQrv6eSLHQei4C2ymwmepVLxP/8waJCW/9lMk4MVSS5aIw4chEKHscjZmixPC5JZgoZm9FZIoVJsbGU7EheKsvr5Nuo+5d1937q1rTLeIowxmcwyV4cANNaEEbOkBgCs/wCm+OcF6cd+dj2VpyiplT+APn8wdiIo2/</latexit>

RH2

<latexit sha1_base64="iWGcZG4De6gl/KcepE340NYCDfE=">AAAB63icbVBNS8NAEJ3Ur1q/oh69LBbBU0mKosdCLx6r2A9oQ9lsN+3S3U3Y3Qgl9C948aCIV/+QN/+NmzYHbX0w8Hhvhpl5YcKZNp737ZQ2Nre2d8q7lb39g8Mj9/iko+NUEdomMY9VL8SaciZp2zDDaS9RFIuQ0244beZ+94kqzWL5aGYJDQQeSxYxgk0uPTSH9aFb9WreAmid+AWpQoHW0P0ajGKSCioN4Vjrvu8lJsiwMoxwOq8MUk0TTKZ4TPuWSiyoDrLFrXN0YZURimJlSxq0UH9PZFhoPROh7RTYTPSql4v/ef3URLdBxmSSGirJclGUcmRilD+ORkxRYvjMEkwUs7ciMsEKE2PjqdgQ/NWX10mnXvOva979VbXhFXGU4QzO4RJ8uIEG3EEL2kBgAs/wCm+OcF6cd+dj2VpyiplT+APn8wdahI26</latexit>

RC2

<latexit sha1_base64="AGbSxo8hfY2jDKy9/HrizaoQf8s=">AAAB63icbVBNSwMxEJ2tX7V+VT16CRbBU8mKosdCLx6r2A9ol5JNs21okl2SrFCW/gUvHhTx6h/y5r8x2+5Bqw8GHu/NMDMvTAQ3FuMvr7S2vrG5Vd6u7Ozu7R9UD486Jk41ZW0ai1j3QmKY4Iq1LbeC9RLNiAwF64bTZu53H5k2PFYPdpawQJKx4hGnxObSfXPoD6s1XMcLoL/EL0gNCrSG1c/BKKapZMpSQYzp+zixQUa05VSweWWQGpYQOiVj1ndUEclMkC1unaMzp4xQFGtXyqKF+nMiI9KYmQxdpyR2Yla9XPzP66c2ugkyrpLUMkWXi6JUIBuj/HE04ppRK2aOEKq5uxXRCdGEWhdPxYXgr778l3Qu6v5VHd9d1hq4iKMMJ3AK5+DDNTTgFlrQBgoTeIIXePWk9+y9ee/L1pJXzBzDL3gf31kAjbk=</latexit>

RC1

<latexit sha1_base64="t2dWwBHk4qTx+G8Y4Drh5mI043w=">AAAB63icbVBNSwMxEJ2tX7V+VT16CRbBU8mKoseClx6r2A9ol5JNs21okl2SrFCW/gUvHhTx6h/y5r8x2+5Bqw8GHu/NMDMvTAQ3FuMvr7S2vrG5Vd6u7Ozu7R9UD486Jk41ZW0ai1j3QmKY4Iq1LbeC9RLNiAwF64bT29zvPjJteKwe7CxhgSRjxSNOic2l++bQH1ZruI4XQH+JX5AaFGgNq5+DUUxTyZSlghjT93Fig4xoy6lg88ogNSwhdErGrO+oIpKZIFvcOkdnThmhKNaulEUL9edERqQxMxm6TknsxKx6ufif109tdBNkXCWpZYouF0WpQDZG+eNoxDWjVswcIVRzdyuiE6IJtS6eigvBX335L+lc1P2rOr67rDVwEUcZTuAUzsGHa2hAE1rQBgoTeIIXePWk9+y9ee/L1pJXzBzDL3gf32Cejb4=</latexit>

RH1

<latexit sha1_base64="RhUCHLc22hi9T1D6Nk+A+sHBA0Q=">AAAB63icbVBNSwMxEJ2tX7V+VT16CRbBU8mKoseKF49VrC20S8mm2TY0yS5JVihL/4IXD4p49Q9589+YbfegrQ8GHu/NMDMvTAQ3FuNvr7Syura+Ud6sbG3v7O5V9w8eTZxqylo0FrHuhMQwwRVrWW4F6ySaERkK1g7HN7nffmLa8Fg92EnCAkmGikecEptL99d9v1+t4TqeAS0TvyA1KNDsV796g5imkilLBTGm6+PEBhnRllPBppVealhC6JgMWddRRSQzQTa7dYpOnDJAUaxdKYtm6u+JjEhjJjJ0nZLYkVn0cvE/r5va6CrIuEpSyxSdL4pSgWyM8sfRgGtGrZg4Qqjm7lZER0QTal08FReCv/jyMnk8q/sXdXx3XmvgIo4yHMExnIIPl9CAW2hCCyiM4Ble4c2T3ov37n3MW0teMXMIf+B9/gBV9I23</latexit>

RA1

<latexit sha1_base64="HrM0HKm00nnHuOhW6gh4fuYhzro=">AAAB6nicbVBNS8NAEJ3Ur1q/qh69LBbBU0nEoseKF48V7Qe0oWy2m3bpZhN2J0IJ/QlePCji1V/kzX/jts1BWx8MPN6bYWZekEhh0HW/ncLa+sbmVnG7tLO7t39QPjxqmTjVjDdZLGPdCajhUijeRIGSdxLNaRRI3g7GtzO//cS1EbF6xEnC/YgOlQgFo2ilh5u+1y9X3Ko7B1klXk4qkKPRL3/1BjFLI66QSWpM13MT9DOqUTDJp6VeanhC2ZgOeddSRSNu/Gx+6pScWWVAwljbUkjm6u+JjEbGTKLAdkYUR2bZm4n/ed0Uw2s/EypJkSu2WBSmkmBMZn+TgdCcoZxYQpkW9lbCRlRThjadkg3BW355lbQuql6t6t5fVupuHkcRTuAUzsGDK6jDHTSgCQyG8Ayv8OZI58V5dz4WrQUnnzmGP3A+fwCzv41b</latexit>

A1

<latexit sha1_base64="t1D3pVl1Gyzvy5e8JZWciaoB92w=">AAAB6nicbVBNS8NAEJ3Ur1q/qh69LBbBU0lE0WPBi8eK9gPaUDbbSbt0swm7G6GE/gQvHhTx6i/y5r9x0+agrQ8GHu/NMDMvSATXxnW/ndLa+sbmVnm7srO7t39QPTxq6zhVDFssFrHqBlSj4BJbhhuB3UQhjQKBnWBym/udJ1Sax/LRTBP0IzqSPOSMGis9NAfeoFpz6+4cZJV4BalBgeag+tUfxiyNUBomqNY9z02Mn1FlOBM4q/RTjQllEzrCnqWSRqj9bH7qjJxZZUjCWNmShszV3xMZjbSeRoHtjKgZ62UvF//zeqkJb/yMyyQ1KNliUZgKYmKS/02GXCEzYmoJZYrbWwkbU0WZselUbAje8surpH1R967q7v1lreEWcZThBE7hHDy4hgbcQRNawGAEz/AKb45wXpx352PRWnKKmWP4A+fzB8qZjWo=</latexit>

P1

<latexit sha1_base64="h5mNF3SkQC0f2CxamSap4VFQ0Eg=">AAAB6nicbVBNS8NAEJ3Ur1q/qh69LBbBU0nEoseCF71VtB/QhrLZbtqlm03YnQgl9Cd48aCIV3+RN/+N2zYHbX0w8Hhvhpl5QSKFQdf9dgpr6xubW8Xt0s7u3v5B+fCoZeJUM95ksYx1J6CGS6F4EwVK3kk0p1EgeTsY38z89hPXRsTqEScJ9yM6VCIUjKKVHu76Xr9ccavuHGSVeDmpQI5Gv/zVG8QsjbhCJqkxXc9N0M+oRsEkn5Z6qeEJZWM65F1LFY248bP5qVNyZpUBCWNtSyGZq78nMhoZM4kC2xlRHJllbyb+53VTDK/9TKgkRa7YYlGYSoIxmf1NBkJzhnJiCWVa2FsJG1FNGdp0SjYEb/nlVdK6qHq1qnt/Wam7eRxFOIFTOAcPrqAOt9CAJjAYwjO8wpsjnRfn3flYtBacfOYY/sD5/AG/741j</latexit>

I1

<latexit sha1_base64="gTQdEaIDAAmprX+s05bl3BNMfxo=">AAAB6nicbVBNS8NAEJ3Ur1q/qh69LBbBU0nEoseCCB4r2g9oQ9lsN+3SzSbsToQS+hO8eFDEq7/Im//GbZuDtj4YeLw3w8y8IJHCoOt+O4W19Y3NreJ2aWd3b/+gfHjUMnGqGW+yWMa6E1DDpVC8iQIl7ySa0yiQvB2Mb2Z++4lrI2L1iJOE+xEdKhEKRtFKD7d9r1+uuFV3DrJKvJxUIEejX/7qDWKWRlwhk9SYrucm6GdUo2CST0u91PCEsjEd8q6likbc+Nn81Ck5s8qAhLG2pZDM1d8TGY2MmUSB7YwojsyyNxP/87ophtd+JlSSIldssShMJcGYzP4mA6E5QzmxhDIt7K2EjaimDG06JRuCt/zyKmldVL1a1b2/rNTdPI4inMApnIMHV1CHO2hAExgM4Rle4c2Rzovz7nwsWgtOPnMMf+B8/gC5141f</latexit>
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Figure S1: Diagram of the SEIR model with vaccination with one or two doses of vaccine.
Age indices have been omitted for clarity.
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Figure S2: A: Different vaccine effects modeled. A vaccine can reduce the probability of
infection, denoted by VESUS. In addition, it can reduce the probability of developing symptoms
once infected, denoted VESYMP. Finally, it can reduce the infectiousness of a vaccinated per-
son upon infection, denoted VEI. We assumed that VEDIS can be expressed as a combination of
VESUS and VESYMP (see text). B: Level curves for VEDIS as a function of VESUS and VESYMP.
The light blue lines indicate the efficacies VEDIS1 obtained after a first dose of vaccine consid-
ered in the main analysis. The dark blue line indicates the vaccine efficacy obtained after the
full dosage (two doses) VEDIS = 90%.
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Figure S3: A–C: Optimal, pro-rata and high-risk strategies to minimize deaths with
enough vaccine to cover 20% of the population with a single dose (10% with two doses).
Optimal (light and dark blue), high-risk (pink) and pro-rata (green) allocation strategies. Within
each panel, the bars represent the percentage vaccinated in each vaccination group. D–F: Preva-
lence of symptomatic infections. Prevalence of symptomatic (per 100,000) in absence of
vaccine (black), with the optimal allocation strategy to minimize deaths (blue), the high-risk
strategy (pink) or the pro-rata strategy (green).
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Figure S4: Optimal allocation strategies for different disease metrics with enough vaccine
to cover 10 to 50% of the population with a single dose (5–10% with two doses). Optimal
vaccine allocation for a vaccine with VEDIS = 90% and assuming enough vaccine to cover 50%
of the population with a single dose (25% with two doses). Each row represents an objective
function minimized: cumulative infections (A–C), cumulative symptomatic infections (D–F),
non-ICU peak hospitalizations (G–I), ICU hospitalizations (J–L) and total deaths (M–O). The
columns correspond to assumptions that the single-dose efficacy (SDE) is low (left column,
VEDIS1 = 18%), moderate (center column, VEDIS1 = 45%) or high (right column, VEDIS1 =
72%), corresponding 20, 50 or 80% of the 90% efficacy that is assumed following two doses of
vaccine, respectively.
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Figure S5: A–C: Optimal, pro-rata and high-risk strategies to minimize non-ICU hospi-
talizations with enough vaccine to cover 50% of the population with a single dose (25%
with two doses). Optimal (light and dark blue), high-risk (pink) and pro-rata (green) allocation
strategies to minimize peak non-ICU hospitalizations. Within each panel, the bars represent the
percentage vaccinated in each vaccination group. D–F: Prevalence of non-ICU hospitaliza-
tions. Prevalence of non-ICU hospitalizations in absence of vaccine (black), with the optimal
allocation strategy to minimize non-ICU hospitalizations (blue), the high-risk strategy (pink) or
the pro-rata strategy (green). The gray dashed line indicates 10% occupancy of non-ICU beds
in WA state. The columns correspond to assumptions that the single-dose efficacy (SDE) is low
(left column, VEDIS1 = 18%), moderate (center column, VEDIS1 = 45%) or high (right column,
VEDIS1 = 72%), corresponding 20, 50 or 80% of the 90% efficacy that is assumed following two
doses of vaccine, respectively.
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Figure S6: A–C: Optimal, pro-rata and high-risk strategies to minimize ICU hospitaliza-
tions with enough vaccine to cover 50% of the population with a single dose (25% with
two doses). Optimal (light and dark blue), high-risk (pink) and pro-rata (green) allocation
strategies to minimize peak ICU hospitalizations. Within each panel, the bars represent the
percentage vaccinated in each vaccination group. D–F: Prevalence of ICU hospitalizations.
Prevalence of ICU hospitalizations in absence of vaccine (black), with the optimal allocation
strategy to minimize deaths (blue), the high-risk strategy (pink) or the pro-rata strategy (green).
The gray dashed line indicates the number of ICU beds in WA state. The columns correspond to
assumptions that the single-dose efficacy (SDE) is low (left column, VEDIS1 = 18%), moderate
(center column, VEDIS1 = 45%) or high (right column, VEDIS1 = 72%), corresponding 20, 50 or
80% of the 90% efficacy that is assumed following two doses of vaccine, respectively.
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Figure S7: Percentage of deaths averted for different vaccine profiles. Percentage of deaths
averted for the optimal allocation strategies (blue), the high-risk strategy (pink) and the pro-rata
strategy (green) with enough vaccine to cover 10–50% of the population with one dose. Each
row represents a different breakdown of VEDIS = 90% as a function of VESUS and VESYMP. Top
row (A–C): VEDIS is mediated by a reduction in symptoms upon infection. Middle row (D–F):
VEDIS is mediated by a combination of reduction in susceptibility to infection and reduction of
symptoms upon infection. Bottom row (G–I): VEDIS is mediated by a reduction in susceptibility
to infection. The columns correspond to assumptions that the single-dose efficacy (SDE) is low
(left column, VEDIS1 = 18%), moderate (center column, VEDIS1 = 45%) or high (right column,
VEDIS1 = 72%), corresponding 20, 50 or 80% of the 90% efficacy that is assumed following two
doses of vaccine, respectively. Shaded areas represent results of 1,000 parameter simulations
with the top and bottom 2.5% removed.
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Figure S8: Percentage of cumulative infections averted for different vaccine profiles. Per-
centage of cumulative infections averted for the optimal allocation strategies (blue), the high-
risk strategy (pink) and the pro-rata strategy (green) with enough vaccine to cover 10–50% of
the population with one dose. Each row represents a different breakdown of VEDIS = 90% as
a function of VESUS and VESYMP. Top row (A–C): VEDIS is mediated by a reduction in symp-
toms upon infection. Middle row (D–F): VEDIS is mediated by a combination of reduction in
susceptibility to infection and reduction of symptoms upon infection. Bottom row (G–I): VEDIS

is mediated by a reduction in susceptibility to infection. The columns correspond to assump-
tions that the single-dose efficacy (SDE) is low (left column, VEDIS1 = 18%), moderate (center
column, VEDIS1 = 45%) or high (right column, VEDIS1 = 72%), corresponding 20, 50 or 80%
of the 90% efficacy that is assumed following two doses of vaccine, respectively. Shaded areas
represent results of 1,000 parameter simulations with the top and bottom 2.5% removed.
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Figure S9: Optimal vaccine allocation strategies to minimize deaths with different cover-
ages, assuming asymptomatic infections are 50% less infectious than symptomatic ones.
For each plot, the bars represent the percentage of each age group vaccinated with a single dose
(light blue) and two-doses (dark blue) when there is enough vaccine to cover 10% to 50% (as
indicated by row) of the population with a single dose. The columns correspond to assumptions
that the single-dose efficacy (SDE) is low (left column, VEDIS1 = 18%), moderate (center col-
umn, VEDIS1 = 45%) or high (right column, VEDIS1 = 72%), corresponding 20, 50 or 80% of
the 90% efficacy that is assumed following two doses of vaccine, respectively.
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Figure S10: Percentage of cumulative infections averted for different vaccine profiles as-
suming asymptomatic infections are 50% less infectious than symptomatic ones. Percent-
age of cumulative infections averted for the optimal allocation strategies (blue), the high-risk
strategy (pink) and the pro-rata strategy (green) with enough vaccine to cover 10–50% of the
population with one dose. Each row represents a different breakdown of VEDIS = 90% as a
function of VESUS and VESYMP. Top row (A–C): VEDIS is mediated by a reduction in symp-
toms upon infection. Middle row (D–F): VEDIS is mediated by a combination of reduction in
susceptibility to infection and reduction of symptoms upon infection. Bottom row (G–I): VEDIS

is mediated by a reduction in susceptibility to infection. The columns correspond to assump-
tions that the single-dose efficacy (SDE) is low (left column, VEDIS1 = 18%), moderate (center
column, VEDIS1 = 45%) or high (right column, VEDIS1 = 72%), corresponding 20, 50 or 80%
of the 90% efficacy that is assumed following two doses of vaccine, respectively. Shaded areas
represent results of 1,000 parameter simulations with the top and bottom 2.5% removed.

10

 . CC-BY-NC-ND 4.0 International licenseIt is made available under a 
 is the author/funder, who has granted medRxiv a license to display the preprint in perpetuity. (which was not certified by peer review)

The copyright holder for this preprint this version posted January 16, 2021. ; https://doi.org/10.1101/2020.12.31.20249099doi: medRxiv preprint 

https://doi.org/10.1101/2020.12.31.20249099
http://creativecommons.org/licenses/by-nc-nd/4.0/


0 20 40 60 80 100
VEDIS efficacy

Low SDE

0 20 40 60 80 100
VEDIS efficacy

Moderate SDE

0 20 40 60 80 100
VEDIS efficacy

High SDE

10% coverage

20% coverage

30% coverage

40% coverage

50% coverage

0

25

50

75

100A

0

25

50

75

100B

0

25

50

75

100C

0

25

50

75

100D

0

25

50

75

100E

0

25

50

75

100F

0

25

50

75

100G

0

25

50

75

100H

0

25

50

75

100I

0

25

50

75

100J

0

25

50

75

100K

0

25

50

75

100L

0-19 20-49 50-64 65-74 75+
Age groups

0

25

50

75

100M

0-19 20-49 50-64 65-74 75+
Age groups

0

25

50

75

100N

0-19 20-49 50-64 65-74 75+
Age groups

0

25

50

75

100O

Figure S11: Optimal vaccine allocation strategies with different coverages assuming 20%
of the population has pre-existing immunity. For each plot, the bars represent the percentage
of each age group vaccinated with a single dose (light blue) and two-doses (dark blue) when
there is enough vaccine to cover 10% to 50% (as indicated by row) of the population with a
single dose. The columns correspond to assumptions that the single-dose efficacy (SDE) is low
(left column, VEDIS1 = 18%), moderate (center column, VEDIS1 = 45%) or high (right column,
VEDIS1 = 72%), corresponding 20, 50 or 80% of the 90% efficacy that is assumed following two
doses of vaccine, respectively. Here, we assumed that 20% of the population has been infected
and is immune at the beginning of the simulations.
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Figure S12: A–C. Percentage of deaths averted: Percentage of deaths averted for the opti-
mal allocation strategies (blue), the high-risk strategy (pink) and the pro-rata strategy (green)
with enough vaccine to cover 10–50% of the population with a single dose (5–25% with two
doses). D–F. Allocation strategies: Optimal (light and dark blue), high-risk (pink) and pro-
rata (green) allocation strategies with enough vaccine to cover 50% of the population with
one dose (25% with two doses). Within each panel, the bars represent the percentage vacci-
nated in each vaccination group. G–I. Prevalence of symptomatic infections: Prevalence of
symptomatic infections (per 100,000) in absence of vaccine (black), with the optimal allocation
strategy to minimize deaths (blue), the high-risk strategy (pink) or the pro-rata strategy (green)
with enough vaccine to cover 50% of the population with one dose (25% with two doses). The
columns correspond to assumptions that the single-dose efficacy (SDE) is low (left column,
VEDIS1 = 18%), moderate (center column, VEDIS1 = 45%) or high (right column, VEDIS1 =
72%), corresponding 20, 50 or 80% of the 90% efficacy that is assumed following two doses
of vaccine, respectively. Here, we assumed 20% of the population has been infected and is
immune at the beginning of the simulations.
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Figure S13: A–C. Percentage of deaths averted: Percentage of deaths averted for the optimal
allocation strategies (blue), the high-risk strategy (pink) and the pro-rata strategy (green) with
enough vaccine to cover 10–100% of the population with one dose (5–50% with two doses),
administering 300K doses per week. Shaded areas represent results of 1,000 parameter simula-
tions with the top and bottom 2.5% removed. D–F. Allocation strategies: Optimal (light and
dark blue), high-risk (pink) and pro-rata (green) allocation strategies with enough vaccine to
cover 50% of the population with a single dose (25% with two doses). Within each panel, the
bars represent the percentage vaccinated in each vaccination group. G–I. Prevalence of symp-
tomatic infections: Prevalence of symptomatic infections (per 100,000) in absence of vaccine
(black), with the optimal allocation strategy to minimize deaths (blue), the high-risk strategy
(pink) or the pro-rata strategy (green) with enough vaccine to cover 20% of the population with
one dose (10% with two doses). The columns correspond to assumptions that the single-dose
efficacy (SDE) is low (left column, VEDIS1 = 18%), moderate (center column, VEDIS1 = 45%)
or high (right column, VEDIS1 = 72%), corresponding 20, 50 or 80% of the 90% efficacy that is
assumed following two doses of vaccine, respectively. Here, we assumed 300K doses of vac-
cine delivered per week. At this rate, 100% of the population can be vaccinated with a single
dose in our time horizon.
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Figure S14: Optimal vaccine allocation strategies with different coverages assuming that
VEI = 70%. For each plot, the bars represent the percentage of each age group vaccinated
with a single dose (light blue) and two-doses (dark blue) when there is enough vaccine to cover
10% (row A) to 50% (row E) of the population with a single dose. The columns correspond to
assumptions that the single-dose efficacy (SDE) is low (left column, VEDIS1 = 18%), moderate
(center column, VEDIS1 = 45%) or high (right column, VEDIS1 = 72%), corresponding 20, 50 or
80% of the 90% efficacy that is assumed following two doses of vaccine, respectively. Here, we
assumed that VEI = 70%.
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Figure S15: A–C. Percentage of deaths averted assuming that VEI = 70%: Percentage of
deaths averted for the optimal allocation strategies (blue), the high-risk strategy (pink) and the
pro-rata strategy (green) with enough vaccine to cover 10–50% of the population with one dose
(5–25% with two doses). Shaded areas represent results of 1,000 parameter simulations with the
top and bottom 2.5% removed. D–F. Allocation strategies: Optimal (light and dark blue), high-
risk (pink) and pro-rata (green) allocation strategies with enough vaccine to cover 50% of the
population with a single dose (25% with two doses). Within each panel, the bars represent the
percentage vaccinated in each vaccination group. G–I. Prevalence of symptomatic infections:
Prevalence of symptomatic infections (per 100,000) in absence of vaccine (black), with the
optimal allocation strategy to minimize deaths (blue), the high-risk strategy (pink) or the pro-
rata strategy (green) with enough vaccine to cover 20% of the population with one dose (10%
with two doses). The columns correspond to assumptions that the single-dose efficacy (SDE)
is low (left column, VEDIS1 = 18%), moderate (center column, VEDIS1 = 45%) or high (right
column, VEDIS1 = 72%), corresponding 20, 50 or 80% of the 90% efficacy that is assumed
following two doses of vaccine, respectively. Here, we assumed that VEI = 70%.
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Table S1: Description of vaccine efficacies used in the model.

Supplemental Tables
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Parameter Meaning Value (Range) Reference
1/σ mean duration of latent period 3 (1.5–4.5) d [53, 54]
1/γP mean pre-symptomatic period 2 (1–3) d [55]
1/γA mean infectious period of asymptomatic in-

fections
5 (3–8) d assumeda

1/γS mean infectious period of symptomatic in-
fections after developing symptoms

3 (2–5) d [56, 57]

1/γH mean duration of non-ICU hospitalization age-stratified [19]
1/γC mean duration of ICU hospitalization age-stratified [19]
k proportion of infections that are symp-

tomatic
0.6 (0.4–0.8) [19, 58, 59]

h proportion of symptomatic infections requir-
ing hospitalization

age-stratified [42]

c proportion of hospitalizations requiring ICU age-stratified [42]
d proportion of hospitalized who died age-stratified [43]
rA relative infectiousness of asymptomatic in-

fections b
1 (0.5) [19]

rH relative infectiousness of hospitalized infec-
tions

0 assumed

rP relative infectiousness of pre-symptomatic
infectionsc

1 (0.7–1.3)

σ mean time from symptom onset to hospital-
ization

3.8 [60]

R0 basic reproductive number 3 [61, 62]
Reff effective reproductive number 1.2, 1.4, 1.7, 3 assumedd

β transmission coefficient calculated −
M contact matrix − [18]
N total population 7,615,000 [63]
R(0) recovered proportion of the total population

at t = 0
0.1 (0.2) assumed

aassumed to match the duration of infectiousness of symptomatic infections
bwith respect to symptomatic not hospitalized infections
cwith respect to symptomatic not hospitalized infections
dsee table S3 for details.

Table S2: Description of parameters used in the model.

17

 . CC-BY-NC-ND 4.0 International licenseIt is made available under a 
 is the author/funder, who has granted medRxiv a license to display the preprint in perpetuity. (which was not certified by peer review)

The copyright holder for this preprint this version posted January 16, 2021. ; https://doi.org/10.1101/2020.12.31.20249099doi: medRxiv preprint 

https://doi.org/10.1101/2020.12.31.20249099
http://creativecommons.org/licenses/by-nc-nd/4.0/


Reff Home Work Other locations School

1.2 1 0.6 0.2 0.1
1.4 1 0.6 0.4 0.1
1.7 1 0.6 0.5 0.5
3 1 1 1 1

Table S3: Multipliers used based on the contact matrices given in Prem et al. [18].
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Mathematical model

Transmission model:

We built upon our previous model of SARS-CoV-2 transmission and vaccination with 16 age

groups: 0–4, 5–9, 10–14, 15–19, 20–24, 25–29, 30–34, 35–39, 40–44, 45–49, 50–54, 55–59,

60–64, 65–74, and 75+ [17]. We used the population of Washington state (7.6 million people,

[63]) and US demographics [64]. For each age group i, our model tracks susceptible Si, ex-

posed Ei, asymptomatic Ai, pre-symptomatic Pi and symptomatic infected individuals classed

by disease severity (assumed to be equally infectious). Symptomatic individuals have one of

three fates: they become mildly symptomatic Ii, hospitalized in a non-ICU ward Hi, or hospi-

talized requiring intensive care, ICUi. After infection, individuals move to the respective re-

covered classes: recovered asymptomatic, mildly symptomatic, non-ICU hospitalized and ICU

hospitalized (denoted by RAi, Ri, RHi and RCi respectively). We assumed that asymptomatic

and symptomatic infections are equally infectious (alternative scenario: Sensitivity Analysis,

SI) and confer equal immunity. Further, we assumed that both naturally-induced and vaccine-

induced immunity are long lasting, so that there is no waning during the time period analyzed.

In addition, we modeled vaccinated individuals with one or two doses of vaccine, (with anal-

ogous compartments indexed by j = 1 or 2 respectively), see Fig. S1 and Vaccination section

below.

We used the age-specific contact matrixM for the US given in [18] and corrected for reci-

procity. We assumed a baseline R0 = 3 in absence of any social distancing interventions. To

simulate social distancing interventions, we modified the matrices given in [18] (matrices corre-

sponding to contacts at “home”, “work”, “other locations” and “school”) according to table S3

to obtain an effective reproduction number Reff = 1.2, 1, 4, or 1.7 (assuming 10% pre-existing

immunity). We used previously reported age-specific estimates of the severity of infections that
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require hospitalization and critical care given in [42] and computed the number of hospitaliza-

tions leading to death using the rates given by [43]. These reports have different age brackets

than those we utilize in our model, so we combined the brackets according to the proportion

of the population in each bracket (e.g., for the oldest group in our model, ≥ 75, we used a

weighted average of the rates in [42] according to the relative percentages of the US population

aged 75–80 and ≥ 80). Once hospitalized, individuals are assumed no longer infectious. Table

S2 summarizes the parameter values, ranges, and sources for the model.

Simulations were run with initial conditions set to a 10% of the population with pre-existing

immunity, distributed proportionally to population size (pro-rata) and disease severity, respec-

tively (additional scenario, 20%, see Sensitivity Analysis). In addition, simulations were run

with 1,000 infections initially, distributed among the infectious symptomatic and asymptomatic

infectious compartments (compartments Aij , AV,ij , Iij , IV,ij , Hij , HV,ij , Cij and CV,ij).

Vaccination

Following the ideas of Halloran et al. [26], we assumed a leaky vaccine (that is, a vaccine that

confers partial protection to all the vaccinees) that can have three effects on the vaccinated indi-

viduals. First, the vaccine can reduce the probability of acquiring a SARS-CoV-2 infection, (we

denote this effect by VESUS). Second, the vaccine can also potentially reduce the probability of

developing COVID-19 symptoms conditioned upon infection (referred to as VESYMP below), or

third, reduce the infectiousness of vaccinated individuals (referred to as VEI below), Fig. S2B.

There is a multiplicative relationship between VEDIS,VESUS and VESYMP [65], so that

VEDIS = 1− (1− VESUS)(1− VESYMP).

A vaccine highly efficacious against disease could be either mediated mainly by protecting

vaccinated individuals against infection (high VESUS), or mainly by preventing them from de-

veloping symptoms once infected (high VESYMP), or a combination of both. A vaccine with
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a high VESUS or a high VEI (irrespective of VESYMP) would have a bigger effect on the trans-

mission dynamics of SARS-CoV-2, resulting in a greater population impact than one mediated

primarily by VESYMP. In fact, a vaccine mediated exclusively by VESYMP might have only a

direct effect, protecting only those vaccinated (this would be the case if infected asymptomatic

individuals are equally infectious as symptomatic individuals). Values for all the combinations

of vaccine efficacy profiles considered can be found in Table S1.

For each vaccination coverage and strategy considered, we computed within each age-group

the fraction of susceptible individuals among all those individuals in that group who could have

sought the vaccine (susceptible, exposed, infected pre-symptomatic, infected asymptomatic,

and recovered asymptomatic populations), and utilized that fraction as the fraction of people

who were actually vaccinated in each age-group, while assuming that the remaining vaccine

would be wasted. Because it is expected that vaccine supplies will ramp up considerably over

the second half of 2021 and into 2022, we focused on the first few months of vaccine availability

and set 6 months as our time horizon, both for the optimization and for the population impact.

Vaccination campaigns were modeled assuming 150,000 doses of vaccines delivered weekly,

over the span of ∼6 months (28 weeks). At this rate, 50% of the population can be vaccinated

over this time period with a single dose (25% with two doses). We also analyzed alternative

scenarios with 300,000 doses delivered weekly (corresponding to vaccinating 100% of the pop-

ulation with one dose over the same time period) and instantaneous vaccination (as a proxy for

fast vaccination campaigns). We modeled the vaccination campaigns by vaccinating first all

the age-groups receiving two doses and then those receiving one dose, starting always with the

oldest age-group and moving sequentially in decreasing order across the vaccine groups. So for

example, if a particular strategy allocates vaccine as follows: 10% adults 20–50 with one dose,

10% adults 50–65 with two doses, 15% adults 65–75 with one dose and 40% adults aged 75 and

older with two doses, then the vaccination in our model goes as follows: 1) vaccinate 40% of
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adults aged 75 and older with one dose for as many weeks as necessary, then repeat this again to

vaccinate them with their second dose. 2) Then we will vaccinate 10% of the adults aged 50–65

with two doses (similarly to the previous steps, in two rounds). 3) Then we will vaccinate 15%

of adults aged 65–75 with one dose and finally 4) we will vaccinate 10% of those aged 20–50

with a single dose. The equations for this model are given by

Unvaccinated:

dSi

dt
= −λSi ,

dEi

dt
= λSi − γEEi ,

dAi

dt
= (1− k)γEEi − γAAi ,

dPi

dt
= kγEEi − γPPi ,

dIi
dt

= γPPi − (1− h)γIIi − h(1− c)σIi − hcσIi ,
dHi

dt
= h(1− c)σIi − γHHi ,

dICU i

dt
= hcσIi − γCICUi ,

dRAi

dt
= γAAi ,

dRi

dt
= γIIi ,

dRH i

dt
= γHHi ,

dRCi

dt
= γCICUi ,
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Vaccinated (j = 1, 2 denotes vaccination with one or two doses respectively):

dSij

dt
= −θjλSij ,

dEij

dt
= θjλSij − γEEij ,

dAij

dt
= (1− kφj)γEEij − γAAij ,

dPij

dt
= kφjγEEij − γPPij ,

dIij
dt

= γPPij − (1− h)γIIij − h(1− c)σIij − hcσIij ,
dHij

dt
= h(1− c)σIij − γHHij ,

dICU ij

dt
= hcσIij − γCICUij ,

dRAij

dt
= γAAij ,

dRij

dt
= γIIij ,

dRH ij

dt
= γHHij ,

dRCij

dt
= γCICUij,

where θ1 = 1 − VESUS1 , φ1 = 1 − VESYMP1 and ψ1 = 1 − VEI1 and θ2 = 1 − VESUS,

φ2 = 1− VESYMP and ψ2 = 1− VEI. The force of infection λ is given by

λ =
16∑
k=1

β
M
Nk

[
rA(Ak + ψ1Ak1 + ψ2Ak2) + rP (Pk + ψ1Pk1 + ψ2Pk2) + (Ik + ψ1Ik1 + ψ2Ik2)

]
.

whereM is the sum of the contact matrices given in [18], corrected for reciprocity and weighted

by the multipliers given in table S3.

Optimization

Objective functions: We performed the optimization routine to minimize five different objec-

tive functions: cumulative number of infections, cumulative number of symptomatic infections,

cumulative number of deaths, maximum number of hospitalizations not requiring intensive care,
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and maximum number of hospitalizations requiring intensive care. For each of these, we ran

the deterministic model for 6 months (our time horizon).

Optimization: Here we describe our optimization routine, adapted from our previous work

[17]. We randomly selected 10,000 points on a coarse grid [66] of the unit simplex in the

vaccination group space (the set of vectors (v1, v2, . . . , v5) with non-negative entries such that∑5
i=1 vi = 1). The grid was chosen so that the unit simplex was divided into 0.05 units and

was computed in Sage [67]. For each point in the coarse grid, the five objective functions were

evaluated. For each of these objective functions, we selected the best 25 decision variables

obtained in the grid search, the pro-rata allocation vector, the high-risk allocation vector and an

additional 25 decision variables sampled uniformly from the unit simplex [68], and used these

52 points as initial points for the Nelder-Mead minimizer implemented in SciPy [69, 70]. Full

details of the optimization routine can be found in [17].

The optimization for each combination of parameters (vaccination coverage, values of dif-

ferent vaccine profiles, level of viral transmission, etc.) was run independently and with dif-

ferent random seeds. As a result, the optimal allocation strategies are not always monotonic

functions of coverage. In addition, it is important to note that, because of the particular way

of modeling the vaccination campaign, a particular allocation can in principle, avert fewer in-

fections or deaths than allocations with less coverage. This is because in our model, as more

vaccine is available, it is always distributed to older adults first. More coverage implies more

time spent in the older adults vaccination group, who are those transmitting the least, hence

retarding vaccinating to the younger age groups, who are those transmitting most.
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Uncertainty analysis

We examined the uncertainty in the output measures (percentage of infections averted and per-

centage of deaths averted, etc.) arising from uncertainty surrounding the model parameters.

The following model parameters were varied for this analysis: the duration of the latent period,

the duration of the pre-symptomatic, symptomatic and asymptomatic infectious periods, the

relative infectiousness of the pre-symptomatic infected individuals, and the proportion of infec-

tions that are asymptomatic. We sampled parameter sets from predetermined distributions as

follows: for the duration of the latent period, the duration of the pre-symptomatic, symptomatic

and asymptomatic infectious periods we sampled gamma distributions with means given in ta-

ble S2. For the proportion of asymptomatic infections and the relative infectiousness of the

pre-symptomatic individuals we used truncated normal distributions with means and ranges

given in table S2. We then sampled 1000 parameter sets and evaluated all three strategies (op-

timal, pro-rata and high-risk) for each of those sets. We also ran the simulation in absence of

vaccination. We then computed the outcomes of interest and removed the the top and bottom

2.5%. The shaded areas presented in the figures are the result of this analysis.
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